Appendix A
Clifford Theory and Schur Elements
for Generic Hecke Algebras

Let W be a complex reflection group and let us denote by H (W) its generic
Hecke algebra. Suppose that the assumptions 4.2.3 are satisfied. Let W' be
another complex reflection group such that, for some specialization of the
parameters, H (W) becomes the twisted symmetric algebra of a finite cyclic
group G over the symmetric subalgebra H(W’). Then, if we know the Schur
elements and the blocks of H(W), we can use Propositions 2.3.15 and 2.3.18
in order to calculate the Schur elements and the blocks of H(W').

In particular, in all the cases of exceptional irreducible complex reflec-
tion groups that will be studied below, if we denote by x’ the (irreducible)
restriction to H(W’) of an irreducible character y € Irr(H(W)), then the
corresponding Schur elements verify

Sy = |W : W' |sy.

Throughout the Appendix, we denote by @,, the n*" Q-cyclotomic poly-
nomial, i.e., the minimal polynomial of (,, over Q. The notation for the ir-
reducible characters of the exceptional irreducible complex reflection groups is
the one used by the GAP package CHEVIE and is explained in
Subsection 5.2.3.

A.1 The Groups G4, G5, Gg, G7

The following table gives the specializations of the parameters of the generic
Hecke algebra H(G7), (o, 21;%0,Y1,Y2; 20,21, 22), which give the generic
Hecke algebras of the groups G4, G5 and Gg ([49], Table 4.6).

133



134 A Clifford Theory and Schur Elements for Generic Hecke Algebras

Group|Index| S T U
Gr 1 |xo,21|Y0, Y1, Y2|20, 21, 22
Gs 2 |1, —=1yo,y1,Y2|20, 21, 22
Ge 3 |zo, 21| 1,(3, (3 |20, 21, 22
G4 6 17—1 1,C3,<§ 20, %1, 22

Specializations of the parameters for H(G7).

Lemma A.1.1.
(1) The algebra H(G7) specialized via

(w0, 213 Y0, Y1, Y25 20, 21, 22) + (1, =190, Y1, Y2; 20, 21, 22)

is the twisted symmetric algebra of the cyclic group Co over the symmetric
subalgebra H(Gs) with parameters (Yo, y1,Y2; 20, 21, 22) -
(2) The algebra H(Gr) specialized via

2
(w0, 213 Y0, Y1, Y25 20, 21, 22) > (20,715 1, (3, (3} 20, 21, 22)

1s the twisted symmetric algebra of the cyclic group C3 over the symmetric
subalgebra H(Gg) with parameters (xo, x1; 20, 21, 22)-
(8) The algebra H(Gg) specialized via

(x()axl; 20y %1, 22) — (1, _]-7 205 %1, 22)

1s the twisted symmetric algebra of the cyclic group Cy over the symmetric
subalgebra H(G4) with parameters (zo, 21, 22).

Proof. We have

STU = TUS = UST,
(S — .’EQ)(S — .731) = 0,
(T = yo)(T =1 )(T — y2) = 0,

H(Gq) = <S,T,U
(U—Zo)(U—Zl)(U—ZQ) =0

(1) Let
STU =TUS =UST, 52 =1,
A= <S,T,U (T = yo)(T =y )(T = y2) 07>
(U = 20)(U = 21)(U — 22) =0
and _
A:=(T,U).
Then

A—A@SA=AeAS and A=H(Gs).
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(2) Let
STU =TUS =UST, T3 =1,
A'_<S7T,U (S’—:vo)(S—ml):Q >
(U—Zo)(U—Zl>(U—22) =0
and -
A:=(S,U).
Then
2 2
A=@PT1T'A=PAT" and A=H(Gy).
i=0 i=0
(3) Let
SUSUSU =USUSUS, S? =1 >
A=(SU ’ ’
< ‘ (U—=20)(U—=21)(U — 22) =0
and B
A:=(U,SUS).
Then
A=A®SA=A® AS and A=H(Gy). u

The Schur elements of all irreducible characters of H(G7) are calculated
in [49]. They are obtained via Galois transformations (permutation of inde-
terminates, permutation of roots of unity or combination of the two) from
the following ones:

S, = Pi(zo/z1) - P1(@oyd 23 /T1y1y22122) - P1(Yo/y1) - P1(yo/y2) - P1(20/71)
- P1(z0/22) - P1(zoyozo/x1y121) - P1(Toyozo/T1y122) - P1(z0Yo20/T1Y221)
- @1 (zoyozo/T1Y222),

Sppo = 2y2/y0P1(yo/y1) - P1(y2/y0) - P1(21/20) - P1(22/20) - P1(r/z0yo0z0)
-« @1 (r/moy221) - P1(r/@oy222) - P1(r/m1y020) - P1(r/w1y221) - P1(r/T1Y222)
where r = ¥ToT1y1y2721722,

8455 = 3P1(x1/m0) - P1(T0Y020/7) - P1(T0Y021/7) - P1(T0OYO22/T) + P1(TOY120/T)
- D1 (zoy121/7) - Pi(zoy122/7) - Pi(x0oy220/7) - P1(20Y221/7) - P1(TOY222/T)
where r = f/zgzlyoylygzozlzg.

Following Theorem 4.2.4 and [51], Table 8.1, if we set

Xi? = (G)7'w (i=0,1),
Vi = (G)y; (1=0,1,2),
Zl%2 = (CS)_kzk (k =0, 172)7
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then Q(¢12)(Xo, X1, Yo, Y1, Ya, Zo, Z1, Z5) is a splitting field for H(G7). Hence,
the factorization of the Schur elements over that field is as described by
Theorem 4.2.5.

A.2 The Groups Gs, Gy, G1o, G11, G12, G13, G14, G15

The following table gives the specializations of the parameters of the generic
Hecke algebra H(G11), (2o, 213 Yo, Y1, Y2; 20, 21, 22, 23), which give the generic
Hecke algebras of the groups Gs, ..., G5 ([49], Table 4.9).

Group|Index| S T U
Gui | 1 |®o,1|Y0,Y1,Y2 20, 21,22, 23
GlO 2 1,—1 Yo, Y1, Y2 21, %1522, 23
Gis 2 |xo, 71 (Yo, Y1, Y2 |/ U0s /UL, =1/ U0, —/UT
Gy 3 |wo, 1| 1,03, (3 20, 215 22, 23
G14 4 Lo, L1|Y0, Y1, Y2 1,1',—1,—7:
Gg 6 1,—1 1,<3,C§ 205 %1522, 23
G13 6 Zo,T1 17<37C?? \/U_(), \/u_h_\/%a_\/u_l
G12 12 Zo, T 1,(3,(:)? 1,i,—1,—i

Specializations of the parameters for H(G11).

Lemma A.2.1.
(1) The algebra H(G11) specialized via
(zo, 15 Y0, Y1, Y2; 20, 21, 22, 23) — (1, =15 90, Y1, Y2; 20, 21, 22, 23)

1s the twisted symmetric algebra of the cyclic group Co over the symmetric
subalgebra H(G1o) with parameters (Yo, y1,Y2; 20, 21, 22, 23) -
(2) The algebra H(G11) specialized via

(0, 213 Y0, Y1, Y23 205 21, 22, 23) = (20,2131, (3, G55 20, 21, 22, 23)
is the twisted symmetric algebra of the cyclic group Cs over the symmetric
subalgebra H(Gy) with parameters (xo,x1; 20, 21, 22, 23)-
(8) The algebra H(Gyg) specialized via

(w0, 15 20, 21, 22, 23) — (1, —1; 20, 21, 22, 23)

18 the twisted symmetric algebra of the cyclic group Cy over the symmetric
subalgebra H(Gg) with parameters (zo, 21, 22, 23).
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(4)

(5)

(6)

(7)

The algebra H(G11) specialized via

(x07x1; Yo, Y1, Y25 20, %1, 22, 23) = (an T13Y0,Y1,Y2; 17ia _17 _Z)

is the twisted symmetric algebra of the cyclic group Cy over the symmetric
subalgebra H(G14) with parameters (xo, Z1; Yo, Y1, Y2)-
The algebra H(G14) specialized via

(z0, 213 Y0, Y1, Y2) — (w0, 131, (3, (3)
1s the twisted symmetric algebra of the cyclic group C3 over the symmetric

subalgebra H(G12) with parameters (xo,x1).
The algebra H(G11) specialized via

(%o, %15 Yo, Y1, Y2; 20, 21, 22, 23) — (To, T1; Yo, Y1, Y2; VU0, VU1, —/U0, —\/U1)

is the twisted symmetric algebra of the cyclic group Co over the sym-
metric subalgebra H(G15) with parameters (o, Z1;Yo, Y1, Y2; Uo, U1).
The algebra H(G15) specialized via

2
(w0, 21; Y0, Y1, Y23 0, u1) = (o, 7151, (3, (35 U0, u1)

18 the twisted symmetric algebra of the cyclic group C3 over the symmetric
subalgebra H(G13) with parameters (xg, x1; ug, ).

Proof. We have

(1)

STU = TUS = UST,
(S — ZL’())(S — 1‘1) = 0,
(T = yo)(T — 1 )(T — y2) =0,

H(G1) = <S,T,U
(U—Zo)(U—Zl)(U—Zg)(U—Zg) =0

Let
STU =TUS =UST, S* =1,
A::<S,T7U (T = yo)(T =y )(T — y2) =0, >
(U —=20)(U—=2)(U = 2)(U—2)=0
and _
A:=(T,U).
Then

A:A@SA:A@AS and A§H<G10).
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(2) Let
STU =TUS =UST, T° =1,
AZ:<S7T,U (S—xo)(S—xl):O, >
(U — Zo)(U — Zl)(U — Zg)(U — 2:3) =0
and
A:=(SU)
Then
2 2
A=PT'A=EPAT" and A=H(Gy)
i=0 i=0
(3) Let
. <S U’ SUSUSU =USUSUS, S =1, >
' ’ (U—Zo)(U—Zl)(U—Zg)(U—Zg,):0
and
A:=(U,SUS).
Then B - - B
A=A®SA=A® AS and A2 H(Gs).
(4) Let
STU =TUS =UST, U* =1,
A:<S,T,U (S —x0)(S —x1) =0, >
(T = yo)(T —y1)(T —y2) =0
and B
A:=(5T).
Then
A=PUiA=FAU" and A= H(G).
i=0 i=0
(5) Let
s < g T‘ STSTSTST = TSTSTSTS, T =1, >
’ ’ (S—l'())(s—xl):()
and
A= (S, TST* T°ST).
Then
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(6) Let
STU =TUS =UST,
S —x9)(S—x1) =0,
A= {8TU ( 0
< (T = yo) (T — y2)(T = y2) = 0,
(U2 —Uo)(U2 _Ul) =0
and -
A= (S,T,U*).
Then
A:AEBUAZA@AU and AgH(G15).
(7) Let

STU? = U%ST, U2STST = TU%STS, T3 =1,
A:<U2,S,T (S—xo)(s—l‘l):o, >
(U2 — UO)(U2 — ul) =0

and
A:=(U?S,T°ST).
Then

2 2
A=PTA=PAT" and A=H(Gis). =
i=0 =0

The Schur elements of all irreducible characters of H(G11) are calculated
in [49]. They are obtained via Galois transformations from the following ones:

5,0, = P1(wo/x1) - P1(yo/y1) - P1(yo/y2) - P1(20/21) - P1(20/22) - P1(20/23) -
@1 (zoyozo/T1y121) - P1(zoyozo/T1y122) - P1(zoyozo/x1y123) - P1(Toyozo/T1y221)
@1 (z0yozo/T1Yy222) - P1(T0Y020/T1Y223) - P1(T0Y222 /T1Y1Y22122)

- @1 (zoyd2d /z1y1y22123) - P1(@oyd 28 /w1y1y2222s) - B1(xdyd 2 /atyry2212223),

Ses = —221 /201 (yo/y2) - P1(y1/y2) - P1(20/22) - B1(20/23) - P1(21/22) - B1(21/23)
&1 (yoz021 /y22223) - P1(y12021 /y22223) - D1 (1 /20Yy222) - @1 (r/T0Y223) - P1 (T /T1Y222)
“®1(r/m1y2zs) - P1(r/woyoz1) - Pi(r/zoyrz1) - Pr(r/ziyoz1) - P1(r/T1y121)

where r = YToT1yoy12021,

S¢s. = 3P1(x1/20) - P1(21/23) - P1(22/23)  P1(20/23) - P1(r/x1Y023) - P1(1/T1Y123) -
D1 (r/z1y223)-P1(z0yo20 /1) P1(zoyo21 /) P1(zoyoz2 /1) P1(zoy120 /1) P1(Toy121/T)
- @1(zoy122/7) - P1(x0y220/7) - P1(T0Y221/7) - P1(TOY222/T)

where r = Q/mganyoznyzzozlzz,

S¢p = —4P1(yo/y1) - P1(yo/y2) - P1(r/z0y020) - P1(r/T1Y020) - P1(T0Y021/T)
- D1(woyoz2/T) - P1(woYoz3/7) - P1(x1Y021/7) - P1(T1Y022/T) - P1(T1Y023/T)



140 A Clifford Theory and Schur Elements for Generic Hecke Algebras

@1 (z0T1Y0Y12021/72) - P1(T0T1Y0Y12022/72) - P1(T0T1Y0Y1 2023 /T7)
- @1 (T0T1Y0Y22021/72) - P1(T0T1Y0Y22022/72) - P1(T0T1Y0Y22023/T7)
where r = /2223y2y1y220212223.

Following Theorem 4.2.4 and [51], Table 8.1, if we set

X2 = (&)t (i=0,1),
Y= (¢s) Ty (1=0,1,2),
ZI%4 = (4‘4)7ka (k = 07 17273)a

then Q(C24)(X07 Xla }/Oa Yla }/27 Z07 Zla Z27 Z3) is a Sphttlng field for H(Gll)
Hence, the factorization of the Schur elements over that field is as described
by Theorem 4.2.5.

A.3 The Groups Gis, Gi7, G1s, G19, G20, G21, G22

The following table gives the specializations of the parameters of the generic
Hecke algebra H(Gho), (zo,21;Y0,Y1,Y2; 20, 21, 22, 23, 24), which give the
generic Hecke algebras of the groups Gig, . .., Gaa ([49], Table 4.12).

Group|Index| S T U
G 1 |0, 21|y0, Y1, Y2 |20, 21, 22, 23, 24
Gis 1, —1|yo, Y1, ¥y2|20, 21, 22, 23, 24

2
Gir | 3 |zo,w1|1,(3,(3 |20, 21, 22, 23, 24
Ga1 | 5 |zo,@1|yosy1. 2|1, ¢5,C3, 2L G5
GlG 6 1,—1 17C3,C§ 20, %1, %2, 23, 24
Gao | 10 |1, —1|yo,y1. 42| 1,5, 3, G2, ¢G5
Gay | 15 |xo,w1|1,¢3,¢5 |1,¢5,¢5,¢38,¢5
Specializations of the parameters for H(G1g).

Lemma A.3.1.
(1) The algebra H(G1g) specialized via
(T0, T15 Y0, Y1, Y23 20, 21, 22, 23, 24) — (1, =1390, Y1, Y25 20, 21, 22, 23, 24)
1s the twisted symmetric algebra of the cyclic group Cy over the symmetric
subalgebra H(G1s) with parameters (Yo, Y1, Y2; 20, 21, 22, 23, 24) -

(2) The algebra H(G1g) specialized via

. . . 2,
({170, T15Y0,Y1, Y25 20, 21, 22, 23, 24) = (CL’(),{El, ]-74-37 <3,ZO,217 22, 23,24)
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(3)

(4)

(5)

(6)

is the twisted symmetric algebra of the cyclic group C3 over the symmetric
subalgebra H(G17) with parameters (xo, T1; 20, 21, 22, 23, 24) -
The algebra H(G17) specialized via

(1‘0, L1520, 21,22, 23, Z4) = (17 _17 205215225 23, 24)
is the twisted symmetric algebra of the cyclic group Cy over the symmetric

subalgebra H(G1g) with parameters (zo, 21, 22, 23, 24)-
The algebra H(G19) specialized via

2 3 44
(%0, 215 Y0, Y1, Y25 20, 21, 22, 23, 24) = (Z0, 15 Yo, Y1, Y2i 1,C57C57C5aC5)

is the twisted symmetric algebra of the cyclic group Cys over the symmetric
subalgebra H(Ga1) with parameters (2o, x1; Yo, Y1, Y2)-
The algebra H(G21) specialized via

(w0, 21390, Y1, y2) = (1, =150, Y1,%2)

is the twisted symmetric algebra of the cyclic group Co over the symmetric
subalgebra H(Gag) with parameters (yo, y1,y2)-
The algebra H(Go1) specialized via

(z0, 213 Y0, Y1, Y2) — (w0, 151, (3, (3)

18 the twisted symmetric algebra of the cyclic group C3 over the symmetric
subalgebra H(Ga2) with parameters (g, x1).

Proof. We have

H(G19) = Sa TaU

(1)

STU = TUS = UST,

(S — 33‘0)(5 — LL’l) = O,

(T = yo)(T =y )(T = y2) = 0,
(U—Zo)(U—Zl)(U—22)<U—Zg>(U—Z4) =0

Let
STU =TUS =UST, S? =1,
A5=<S,T,U (T—yo)(T—yl)(T—yg):O, >
(U—=20)({U—=21)(U = 22)(U = 23)(U —24) =0
and
A=(T,U).
Then

A:A@SA:A@AS and A%H(Glg).
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(2) Let
STU =TUS =UST, T? =1,
AZ:<S7T7U (S—mo)(S—xl):O, >
(U — Zo)(U - Z1)(U — Zg)(U — Zg)(U — 2’4) =0
and -
A:=(SU).
Then
2 2
A= @TZA = @ATz and A = H(G17)
i=0 i=0
(3) Let
SUSUSU =USUSUS, S? =1 >
A:=(85TU ’ ’
< ’ (U—=20)(U —21)(U—22)(U = 23)(U —24) =0
and
A:=(U,SUS)
Then
A:AEBSAZAEBAS and AgH(G16)
(4) Let
STU =TUS =UST, U =1,
A:<S,T,U (S—.%‘o)(S—LI?l):O, >
(T - yo)(T - yl)(T - y2) =0
and -
A:=(5T).
Then
A=PUA=AU’ and A = H(Gn).
i=0 i=0
(5) Let
< ‘ STSTSTSTST = TSTSTSTSTS, S? =1, >
A= ST
(T = yo)(T =y )(T —y2) =0
and
A:=(T,STS).
Then
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(6) Let
A < g T‘ STSTSTSTST = TSTSTSTSTS, T = 1, >
' (S o) (S —21) =0
and
A:= (8, TST? T°ST).
Then

The Schur elements of all irreducible characters of H(G1g) are calculated
in [49]. They are obtained via Galois transformations from the following ones:

8610 = P1(zo/z1) P1(yo/y1) - P1(yo/y2) - P1(20/21) P1(20/22) P1(20/23) P1(20/24)
@1 (zoyozo/T1y121) - P1(zoyozo/z1y122) - P1(xoyozo/z1y123) - P1(Toyozo/T1y124)
- @1 (zoyo2z0/T1Yy221) - D1 (T0Y020/T1Y222) - D1 (T0Y020/T1Y223) - P1(T0Y020/T1Y224)
D1 (Toyd 22 /T1y1y22122) - P1(oydzd /T1y1y22123) - P1(woyd22 /T1y1y22124)

D1 (Toyd 23 /T1y1y22223) - P1(Toyd2d /T1y1y22224) - P1(woyd 23 /T1Y1Y22324)

D1 (23223 /r2yryaz12023) - P1(2dyR2d /23 y1yaz12224) - P (2Byd 23 /22 y1y2212524) -
D1 (23325 /2Ty1y2z2z324) D1 (23 25 /2Ty Y221 2223 24) P (€3 Y3 20 /2T Y1 Y5 2122 23 24)
P (adys 20 /2Ty ys 212223 24),

Sy = —2P1(yo/y2) - P1(y1/y2) - P1(20/22) - P1(20/23) - P1(z0/24) - P1(21/22)
. @1(21/23) - Py (21/24) . @1(:{]02021/2}2222’3) . @1(y0z0z1/y2z224) - Py (y02021/y223Z4)
“@1(y12021 /Yy22223) - P1(y12021 /y22224) - P1(y12021 /Y223 24) - P1(Yoy1 2027 /Y3 222324)
D1 (yoy12321/y3222324) - P1(r/T0Y020) - P1(T0y021/1) - P1(21Y020/7) - P1(r/21Y021)-
D1 (r/w1Yy222)-B1(r/T1y223)-P1 (1 /T1Yy224)-P1(7/T0Y222)-P1 (1) T0Y223) -1 (T/T0Y224)
- D1 (rz021/T0y2222324) - P1(rz021/T1Y2222324)

where r = JToT1YoY12021,

S¢g40 = 3P1(x1/20) - P1(20/23) - P1(20/24) - P1(21/23) - P1(21/24) - P1(22/23) -
D1 (22/24)-P1 (02021 /T12324)-P1 (T02022 /21 2324)-P1 (021 22 /X1 2324)- D1 (1) T1Y023)
@y (r/z1y0za) - Pr(r/T1y123) - P1(r/T1y124) - P1(r/21Yy223) - P1(1/T1Y224)

- @1 (zoyozo/T) - P1(xoyoz1 /1) - P1(xoyoz2 /1) - P1(xoy120/T) - P1(z0Y121/T)

@1 (zoy122/1) - P1(moy220/7) - P1(woy2z1/7) - P1(TOY222/T) - P1(r?/T0T1Y0Y12324)
@1 (r? [xomr1yoy2z3za) - P1(r? /Toxz1y1y22324)

where r = {/z3z1y0y 1y22021 22,

S¢i1s = —4P1(y1/y0) - P1(yo/y2) - 1(20/2a) - Pr(21/24) - P1(22/2a) - Pr(23/24) -
P1(zoyozo/r)-P1(zoyoz1/r) Pi(zoyoz2/r)-P1(zoyozs /1) P1(z1y0z0/1)P1(21y021/7)
“®1(z1y022/1)P1(T1Y023 /1) P1(r/Toy124) P1(r/T1y124)- D1 (7 /T0Y224) P1 (1 /T1Y224)
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@1 (r? /zoT1y0y12021) - P1(r?/T0T1Y0Y12022) - P1(T0T1Y0Y1 2023 /T7)
- @1 (zox1Yy0y12122/72) - P1(r% /T0T1Y0y12123) - P1(1? /T0T1YOY12223)
- @1 (r? [xox1y1y22024) - P1(r? [wox1y1y2z124) - P1(r? /x0T 1Y1Y22224)
- ®1(r? JxoT1Y1Y22324)

where r = {/2223y3y1y22021 2223,

S¢5.15 = 0P1(x0/w1)P1(y2/Y0) P1(y2/y1)-P1(xoyozo/r)-P1(Toyo2z1/7)-P1(x0yoz2/T)
@1 (zoyoz3/T)P1(zoyozsa/m): P1(oy120/1) P1(woy121/7) - P1(T0y122/7) P1(T0Y123/7)
Py (xoy124/7)P1(r/T1Y220) P1 (1 /21Y221) - P1(1r/T1Y222) - P1(r/T1Y223) L1 (7 /T1Y224)
- @1 (woT1yoy12021/7%) - D1 (woT1y0y12022/72) - D1 (T0T1YOY1 2023 /T2)

- @1 (woz1yoy12024/7%) - D1 (woT1yoy12122/72) - D1 (T0T1YOY12123/T7)

@1 (zoT1Y0y12124/72) - P1(T0T1Y0Y1 2223 /72) - P1(T0T1Y0Y1 2224 /T7)

- @1 (zoT1Yoy12324/72)

where r = ¢/2323y2yTy22021222324,

84)6115 = —6€p1 (20/2’1) '@1 (20/2’2) '@1 (20/2’3) 'Spl (20/2’4) 'Spl (T/:EoonO) "Spl (T/:Iloylz())
- ®1(r/20Y220) - P1(T1Y020/7) - P1(T1Y120/7) - P1(T1Y220/7) - P1(TOT1YOY1 2021 /72)
- @1 (zox1Y0y12022/72) - P1(T0T1Y0Y12023/72) - P1(TOT1YOY12024/72)

-1 (xox1yoy22021 /%) - P1(wox1yoy22022/12) - P1(wox1Y0Y22023/T7)

- @1 (zox1Y0y22024/72) - P1(T0x1Y1Y22021/72) - P1(TOT1Y1Y22022/72)

D1 (zom1Y1y22023/12) - P1(T0T1Y1Y22024/72) - P1 (28T 1Y0Y1Y22021 22/73)

- @1 (23T1Y0y1Y2202123/73) - P1(T221Y0y1Y2202124/72) - P1(T3T1Y0Y1Y2202223/73)
@1 (23T1Y0y1Y2202224 /73) - P1 (xR T1Y0Y1Y2202324/T2)

where r = /x3x3y2yTy222z1222324.

Following Theorem 4.2.4 and [51], Table 8.1, if we set

XiGO = (<2)7ixi (i=0,1),
Yj60 = (¢3)y; (1=0,1,2),
780 = (¢5)Fz (k=0,1,2,3,4),

then Q((s0)(Xo0,X1,Y0, Y1, Ya, Zo, Z1, Zo, Z3, Z4) is a splitting field for H(G1g).
Hence, the factorization of the Schur elements over that field is as described
by Theorem 4.2.5.

A.4 The Groups Ga5, Gag

The following table gives the specialization of the parameters of the generic
Hecke algebra H(Ga6), (20, 21; Yo, Y1, Y2), which gives the generic Hecke alge-
bra of the group Gas ([50], Theorem 6.3).



A.4 The Groups Ga5, Gag 145

Group|Index| S T

Gas 1 |zo, 1Yo, Y1, Y2
Gos | 2 |1,—1|yo,y1,%2
Specializations of the parameters for H(Gag).

Lemma A.4.1. The algebra H(Gag) specialized via

(w0, 71590, Y1, y2) — (1, =15 90, Y1, y2)

is the twisted symmetric algebra of the cyclic group Co over the symmetric
subalgebra H(Gas) with parameters (yo,y1,Yy2)-

Proof. We have

STST = TSTS, UTU = TUT, SU = US,

_ (S = 7)(S — 21) =0,
= <S’T’U (T = 3o)(T = )T = ) = 0, >
(U =yo)(U=y1)(U —y2) =0

Let

STST = TSTS, UTU = TUT, SU = US, §% = 1,
A= <S,T,U (T —yo)(T — y1 )(T — y2) = 0, >
(U =yo)(U =y1)(U =y2) =0

and

A= (SUS,T,U).

Then - - - -
A=A®SA=Aa® AS and A= H(Gs5). m

The Schur elements of all irreducible characters of H(Gag) are calculated
in [50]. They are obtained via Galois transformations from the following ones:

86,0 = —P1(zo/x1) - P1(yo/y1) - P1(y0/y2) - P2(xoyo/z1y1) - P2(T0yo/T1Y2)
P (zoys /z1y7) - Pr(zoyd/z1y3) - P2(20ys /T1yTY2) - P2(T0ysd/T1Y1Y3)
Do (zoyd/T1y1y2) - P2(¥3/y1y2) - Po(yo/y1) - Pe(yo/y2),

S¢ys = Y1/YoP1(zo/x1) - P1(Yo/y2) - P1(y1/y2) - P1(zoyo/T1Y2) - P1(Toy1/T1Y2)
< ®Pa(zoyo/z1y2) - P2 (zoy1/m1y2) - P2(zoyo/1y1) - P2 (zoy1/z1Y0) - Pe(Toyoy1 /T1Y3)
P2 (yoy1/y3) - Pe(yo/y1),

8¢5 = —P1(x0/21) - P3(z0/71) - P2(T0Y0/T1Y1) - P2(T0yo/T1Y2) - P2(T0Y1/T1Y0) -
D2 (zoy1/w1y2) P2 (Toy2/T1Y0) P2 (T0oy2/T1y1) P2 (yoy1 /¥2) - P2 (Yoy2 /y3) P2 (y1y2 /yd),
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So0: = —P1(@1/wo) - P1(yo/y1) - Pr(yo/y2) - P2(yo/y2) - P1(y1/y2) - B2 (yoyr/y3)
“P2(y3/y1y2) - Pe(Yo/y2) - P2(z0yo/T1Y2) - P2(T0y1/T1Y0) - P1(T0YF/1Y7)
- P2 (zoygy1/z1y3),

S¢5. = P1(xo/m1) - P1(y1/y0) - P1(yo/y2) - P1(y1/y2) - P2(y2/v0) - Pe(yo/y2)
- Da(yoy2/y3) - P1(zoyr/w1y2) - P2(x1y0/20Y2) - P2(Toyr /T1y2) - P2(Toyl/T1yYTY2),

8¢ss = 2P1(yo/y1) - P1(yo/y2) - Pa(x1y2/T0y1) - P2(T1y1/T0Y2) - P2(ryo/T1Y3)
- Da(ryo/x1yt) - P1(ryz/z1yoyr) - P1(ry1/T1yoy2) - P3(ryo/z1y1y2) - P3(ryo/Toy1yz)
where r = J/—xox1y1Y2,

S0, = P1(C3) - Ps(yo/y1) - Pe(y2/y0) - Ps(y1/y2) - P2(Cawoy1y2/z1y3)
- ®2(Caroyoyz/z1y7) - P2(Caxoyoyr /1y3) - P1(w1/x0) - P1(C3mo/x1).

Following Theorem 4.2.4 and [51], Table 8.2, if we set

X9 = (¢) 'y (i=0,1),
Vi = (C)y; (7 =0,1,2),

then Q((3)(X1,X2,Y1,Y5,Ys) is a splitting field for H(Gog). Hence, the
factorization of the Schur elements over that field is as described by
Theorem 4.2.5.

A.5 The Group Gag (“Fy”)

Let H(Gas) be the generic Hecke algebra of the real reflection group Gag over
the ring Z[zZ!, 2!,y y!]. We have

515251 = 525152, V2T = ToTh Ty,
S1Ty =T151, S$1To =T551, SoTs =155,
Gag) = ( 51,82, 11, T
H(G2s) < L2 T Te | o b T — TSy T Sy,
(Si = w0)(Si —21) = (Ti = yo)(Ti —y1) =0
The Schur elements of all irreducible characters of H(Gas) have been calcu-
lated in [47]. They are obtained via Galois transformations from the following
ones:

5610 = P1(Y0 /Y1) P (yo/y1)-P1(z0/x1) P (w0 /21) - P1(x0ys /T1y7) - P (Toyo/T1y1)
@1 (zdyo/ziy1) - Pa(woyo/z1y1) - P2(zoyo/T1y1) - P2(Toyo/T1y1),

8¢y = —Y1/Y0Ps(Yo/y1) - Ps(z0/21) - P6(w0/21) - P1(z0/71) - P1(T0/T1)
- @1 (zgyo/rTy1) - P2(zoyo/z1y1) - P2(zoy1/21y0) - P1(23y1/23y0),
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S¢se = 2P6(yo/y1) - Ps(z1/w0) - P2(xoy1/z1Y0) - P2(woy1/z1Y0) - P2(x1y1/T0Y0)
- P2 (zoyo/T1y1),

5S¢, = P1(yo/y1) - Po(yo/y1) - P1(w1/x0) P (20 /21) - P2(x0y1/T1y0) Ps(Toyo/T1Y1)
< Pa(woyo/T1y1) - P2(T0yo/T1Y1),

S = 3P1(y1/y0) P1(y1/y0) P1(z1/20) P1(21/20) P6(Toyo/T1y1) P2 (T0Y1/T1Y0)
P2 (r1y0/Toy1),

S¢g4r = —Y1/Y0Ps(Yo/y1) - Ps(z0/1) - P1(w0/21) - P1(21/70) - P3(T0/71)
@1 (zoyt/z1yg) - P1(zoyd/x1yt),

840, = P1(yo/y1) - P1(wo/x1) - P1(woy3/T1y5) - Pa(zoyo/z1y1) - P1(xiyo/xqy1)
- P2 (zoyo/r1y1) - P2(Toyo/T1Y1),

S¢100 = 6P3(yo/y1) - P3(x1/x0) - P2(xoy1/z1y0) - P2(z0oy1/x1y0) - P2(xoyo/T1Y1)
< Pa(z1y1/T0Y0),

Sprss = 221Y1/T0YoPs(Yo/y1) - Pe(x1/w0) - Pa(zoy1/x1y0) - Pal(Toyo/T1y1)-
Following Theorem 4.2.4, if we set

X2 = (C) "' (i=0,1),

K2

V7= (G)y; (7=0,1),

then Q(Xo, X1, Yy, Y1) is a splitting field for H(Gas). Hence, the factorization
of the Schur elements over that field is as described by Theorem 4.2.5.

A.6 The Group Gs,

Let H(G32) be the generic Hecke algebra of the complex reflection group Gso

over the ring Z[zE!, 21!, 23], We have

SiSiv18; = Si+15:Si11,
H(G32) = <51,SQ,53,S4 SlS] = SjSi when |’L —j| > 1, >
(Sz — .To)(SZ — xl)(Si — 1‘2) =0

The Schur elements of all irreducible characters of H(G32) have been calcu-
lated in [50]. They are obtained via Galois transformations from the following
ones:

S$¢10 = P1(z0/22) - P1(20/22) - P1(20/71) - P1(20/21) - P1(2]/2123) - P1(2f/2T2)
@1 (25 /x323)  P1(af /a3 23) - D2 (2 /x123) - Po(ag/2in2) P2 (2f/x122) - P2 (28 /2122)
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- Bg(x0/x2) - Po(20 /1) - Po(2d/2123) - Po(23 /2T w2) - P (2] /T122) - Pa(2F/T122)
< ®y(zo/x2) - Pa(T0/71) - P3(23/T122) - P1r0(T0/22) - P10(T0 /1) - P5 (23 /T122),

S¢a, = P1(xd/z123)-P1(ad/z123)-P1 (2] /T w2) P (2Fx1 /23)-P1 (21 /x0)-P1 (21 /22)
- P1(zo/2) - Pi(w0/T2) - Po(af/x123) - P2(xiwr/a3) - Pa(af/z123) - D2(2F/T122)
Do (x0/x2)-P2(x021/23) D6 (20 /22) P6(x0/71) Pa(T0/22) - P3(2F /T122)-P10(T0 /1)
P15(w0/w2),

S5, = P1(xda?/a]) - P1(xfzr/23) - P1(0/x2) - P1(w0/22) - P1(21/20) - D1 (21 /0)
Dy (z1/2) - Di(21/22) - Do(af/2123) - Po(wox?/af) - Pa(w1/x2) - P2(2f/T122) -
Pa(wox1/23) P2(xga1/23) P2(w0/22) P2(w0/72) D6 (x0/22) P6(T0/22) Pe(w0/71)
< Pa(z0/71) - P3(wox1/73) - P12(T0/T2),

St — x%/@%@l (zo/w1) - P1(z1/x0) - P1(T0/2) - P1(21/T2) - P1(T0/2) - P1 (71 /2)
@1 (zoxi/x3) - D1 (xda1/x3) - Pa(wox? /af) - Po(xdzr /23) - D2(2f/x122) - P2 (2] /ToT2)

@2(%0%1/%%) . @2(3301’1/1’%) . ¢2($1/$2) . 452(330/132) . gp6(:”0x1/m%) ' @6(£B0/IE2) '
P (z1/32) - Pro(zo/x1) - P5(z071/23),

Sro, = Pr(adar/x3) - P1(af/x123) - Pr (21 /x2) - Pr(21/22) - P11 /T0) - P1(22/T0)
- P1(zo/2) - Pi(w0/T2) - Po(ag/xtx2) - Pa(x]/z123) - Pa(xow1/23) - P2(TOT2/2T)
D2 (x0/x2) P2(20/02) P2(21/22) P2 (2F /2172) P (251 /23) - D6 (w0 /22) P6 (20 /1)
“Py(xo/x2) - P3(af/T172),

Shrae = P1(d/z123) - D1 (2 /23 22) - P1(20/21) - P1(20 /1) - D1 (22 /1) - D1 (W2 /1)
By (x2/20) - D1(20/2) - Po(dw2/2]) - D2(2F21/25) - B2 (2} /x022) - P2(T01/25)
- Po(xo/x2) - Pawo/21) - Po(af/T122) - P2(2F/T122) - P6(2F/T122) - P6(w0/21)
< Do (x0/x2) - Pa(@f/z122),

8¢5 = P1(ziw2/2d) - D1 (xfwa/2F) - D1 (w0 /22) - P1(x0/22) - P1(2T1/T2) - P1 (1 /2)
@y (x1/20) - Pi(20 /1) - Po(w122/2F) - P2(T022/27) - P2(T0T1 /23) - P2(T0T1/2F)
B (w1 /x2) - P2(21/22) - P2(20 /22) - P2 (20 /72) - D6 (20 /72) - P (21 /22) - Pa(2021 /73),

S¢20, = P1(2Fa2/2}) - P1(20/21) - P1(20/21) - P1(22/%0) - P1(W0/22) - P1 (2 /2123)
Dy (zd/z123) - P11 /22) - P2(mowT /23) - P2(2F /Tow2) - P2 (2 /T122) - P2 (201 /23)
@ (wo/x2) - Po(w2/20) - Po (2] /2T22) - Po(w0/22) - Palw0/22) - P3 (w01 /23),

Shons = —P1(x}/xdx2) - D1(af/2iw2) - Pr(xox?/2}) - Pr(afzr/ad) - Pi(z2/21)
- @i(z2/1) - P1(20/22) - P1(20/22) - P2(2}/T025) - Pa(a]/2123) - P2(T0T1/23) -
Do (zow1/23) - Po(wox1/x3) - Pe(x1/0) - Po(w1/22) - Po(x0/T2) - P3(TOT1/23),

oo, = P1(xdx1/25) - P1 (x0T /2F) - B1(w1/20) - P1(21/20) - P1(22/0) - D1 (20 /22) -
D1 (21 /22)-P1(21/22)-P2(20 /22)- P2 (22 /T0) P2 (2F22 /21)-P2 (2027 /23 )-P2 (071 /23)
< ®o (22 /T022) - Po(T0/T2) - Po(w0/T2) - P (w1 /T2) - P3(23/T172),
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S¢a012 = 2P1(x2/21) - P1(21/22) - P1(32/0) - P1(21/0) - P1(22/20) - P1(W1/0)
- @1(zo/x2) - P1(xo/@1) - Pa(20wT/23) - P2(w0x3/2t) - Pa(af/zr122) - P2(w122/2F)
Do (zo/x1) - Po(z0/T2) P2(m0/21) P2 (T0 /2) - P6 (22 /1) D6 (w1 /72) - P3(xd /w122),

Sans = P1(2}/2fw2) - P1 (23 /aF1) - D1 (20 /1) - Pi(w0/22) - P1(w0/21) - P1(T0/22)
D1 (x2/21)-P1 (21 /22) Po2(20/21)- P2(20/72)-P2(To22/27)-P2(T0T1 /23)-P6 (X0 /21)
< Pg(z0/72) - Pa(m0/21) - Pa(T0/T2) - P5 (23 /T172),

Shas = P1(xd/x323) - P1(w0/22) - P1(w1/20) - P1(w1/20) - P1(w1/22) - P1(21/22)
D1 (x0/w2)-P1(x0/T2) - P2(21/T0)-P2(21 /w2)- P2 (22 /T0) - P2 (2] /21 25) - P2 (w023 /2T
Do (x0/w2)- P2 (0w /27) o (2F /2122) P6 (20 /21)- D6 (21 /22)-P6 (w0 /2)-Pa(20/T2),

81y = P1(2}/x]23) - D1 (w1 /22) - P1(w0/T1) - P1(20/21) - P10 /22) - P1 (0 /2)
D1 (21 /x2)-P1 (21 /T2)- P2 (20 /1) - P2 (20 /T2) - P2 (22 /1) - P2 (2] /0 25) - P2 (1123 /2
Do (x1/w2)- P2 (T122/2F)- P2 (27 /2022) P6 (T1/20)- D6 (20 /22)-P6 (w1 /22)-Pa (21 /T2),

Shsss = P1(1/C3) - P1(z0/m2) - P1(21/0) - D1 ({325 /T122) - P1(CFT0T2/27)
- P1(23/CFrowy) - Pa(z122/2]) - Pa(afw/Cs2) - Pa(CFafwr/23) - Po(af/zr12) -
D6 (z0/21) - Po(w0/22) - Po(x1/22) - P5((3%0/22) - P5(C320/71),

Shans = P1(xda?/x]) - P1(x1/20) - P1(w0/21) - P1(w0/22) - P1(T2/20) - P1(T0/2)
- @i (afwa/ag) - Pi(w2/x1) - P2(wo/x1) - P2(ox1/23) - P2(2f/T122) - Pa(w0/22)
- Bg(xo/x1) - Po(x1/22) - PalT0/21) - Pal0/22) - P3(T0T2/27),

Spuse = P1(¢3) - P1(C3ad/zrm2) - P1(C3moza/zT) - P1((swoma/x3) - P1(T2/T0) -
Py (x1/22) - P2((Fxiwa/a}) Pa(CFaia /) P2(vo/(Fx2) - P2(3w1/22) P2 (T0w1/73)
- ®g(x1/70) - Po(T1/72) - Po(T0/72) - Po(T0w1/23) - Pa(C370/22) - Pa(C321/22),

8¢, = P1(xoxi/ad) - P1(xo/w1) - Pi(wo/w1) - Pr(w1/w2) - Pr(w1/w2) - P1(wo/22)
Py (xo/x2) - Pr(:123/2]) - Pa(wo/x1) - P2(2ga:1/x3) - Po(2F /xon2) - Po(T102/2F)
< Po(z1/72) - P2(21/22) - Po(w0/71) - Pe(T2/71) - Pal®0/T1),

oo = P1(z123/25) - P1(wo/@1) - P1(wo/w1) - P1(w1/m2) - P1(w1/72) - Pr(w2/70)
@1 (x2/x0) - Pr(z023 /27) - P2(2F /T0T2) - P2(T01/23) - P2(01/23) - P2(2F/T122)
- ®a(zo/21) - P2(20/71) - P (w01 /23) - P6(21/0),

S¢g012 = 2P1(x023/2F) - P1(z027/23) - P1(21/20) P1(21/70) - P1(21/20) - P1(22/20) -
Py (w2/0) P1(w2/0) P2(w2/71) P2 (21 /32) P2 (23 /1122) P2 (25 /T172) P6 (2] /1 2:2)
- Pg(x1/m2) - P(w2/x1) - Palx0/21) - PalT0/22),

Shons = 2P1(rw1/x3) - D1(23/ra0) - Pi(z0/22) - Pr(w2/1) - P1(0/21) - P11 /0)
@1 (2 /x123) - B1(woxs [a}) - Po(rad /aFaz) - Po(rat/zdas) - D3 (zox1/23) - Pio(r/z2)
'@15(7‘/10)

where r = Jxox1,
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Ssoo = 2P1(x0x3/2}) - P1(woxT/23) - P1(z0 /1) - P1(T0 /1) - D1 (T2 /20) - D1 (2 /0)
Py (z2/m1) P1(z2/m1) Pa(w0/22)  P2(w0/21) - Pa(wrw2/2F) - Pa(wo/21) - Pa(wo/22)
- P3(wd/r122) - Pro(w1/T2),

S¢sr10 = 3P2(ra2/af) P2 (rw2/27) Pa(rao/23) P2(rzo/a7) P2 (re1/2d) Po(ray /23)
'@2(:r0:r1/I%)-@2(1012/:13%)-@2(%11’2/%8)'@2(7‘/$2)-@2(7’/1’0)@2(T/Il)‘454(7"2/3301’1)
< ®y(r?/z022) - Pa(r?/T122) - P5(1/20) - P5(1/22) - P5(7 /1)

where r = Yxor172.

Following Theorem 4.2.4 and [51], Table 8.2, if we set
XP = (G) ' (i=0,1,2),

then Q(¢3)(Xo, X1, Xo) is a splitting field for H(G3s2). Hence, the factorization
of the Schur elements over that field is as described by Theorem 4.2.5.

A.7 The Groups G(de,e,r)

The generic Hecke algebras of the groups G(de,e,r) are presented in
Chapter 5. Here we will only give some applications of Clifford theory and a
description of their Schur elements.

A.7.1 The Groups G(de,e,r), r > 2

Proposition 1.6 of [2] yields the specialization of the parameters of the
generic Hecke algebra H(G(de,1,r)), (zo,x1;u0, U1, ., Ude—1), Which gives
the generic Hecke algebra of the group G(de,e,r).

Lemma A.7.1. The algebra H(G(de, 1,7)) specialized via

k/d] 1/e

T — T (0<i<1),
Uk HC£ Uk mod d (nggde_l)

is the twisted symmetric algebra of the cyclic group C. over the symmetric
subalgebra H(G(de, e, r)) with parameters (zg, 21; V0, V1, .-, Vd—1)-

Proof. The algebra H(G(de,1,r)) is generated by the elements s,t1,t2, ... ,t,_1
satisfying the relations:

e stist; = tsts, st; =t;s, for j # 1,
° tjtj+1tj = tj+1tjtj+17 titj = tjti, for ‘Z — j‘ > 1,
° (S — UO)(S — ul) s (S — Ude—l) = (tj — xo)(tj — .Tl) =0.
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Let A be the algebra obtained from H(G(de, 1, r)) via the given specialization,
i.e., the algebra generated by the elements s,tq,to,...,t,_1 satisfying the
same braid relations as above, as well as:

(s® —wo)(s® —v1) -+ (8® —wg—1) = (t; — @o)(t; — 1) =0.
If A:= <se,fl =58, 61, t0, ..., by >, then

For 21 = —1, the algebra H(G(de, 1,7)) becomes the generic Ariki-Koike
algebra Hge - associated to G(de, 1,7). Set n := de and = := x¢. The following
result, which has been obtained independently by Geck, Iancu and Malle
[36] and by Mathas [54], gives a description of the Schur elements of H,, ..
Recall that the irreducible characters of G(n,1,r) are parametrized by the
n-partitions of r.

Theorem A.7.2. Let A\ be an n-partition of r with ordinary standard sym-
bol By = (Bg\o),B;l),...,B/(\nfl)). Fiz L > hy, where hy is the height
of \. We set Byp, = (BOIL — hy],B[L — hyl,...,BU" VL — hy]) =

B pM Bn-1 d BY — () p O o _1
(B B Byp ) an A,L_(1727""L)' et ar, :=r(n—1)
+(3) (é) and by, = nL(L — 1)(2nL — n — 3)/12. Then the Schur ele-

ment of the irreducible character xx is given by the formulae sy = (—1)*t
2 (2 — 1) 7" (uouy - - Un—1) "V /6N, where

Uy = H s —ug)k H H H Fug — uy)

0<s<t<n 0<s.b<n e p(s), 1<k<bs
and
() ()
Oy = H H (;E g — a2 “ug) H H xbl s —ali Ug).
0<s<t<n (bg,bf)er\S}JxB/(\t)L 0<s<n 1<i<j<L

Following [17], Table 1, the field of definition of G(n,1,r) is K := Q((,). B
Theorem 4.2.4, if we set

X = g
U]Lu(K)\ o= (Co) Fup (k=0,1,...,n—1),

then the algebra K(X,Uy,Us,...,Up—1)Hn, is split semisimple. We easily
deduce that the factorization of the Schur elements of this algebra is as de-
scribed by Theorem 4.2.5.
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A.7.2 The Groups G(de,e,2), e Odd

Lemma A.7.1 holds when r = 2 and e is odd.

A.7.3 The Groups G(de,e,2), e Even

Suppose that e = 2f for some f > 1. Proposition 1.6 of [2] yields the spe-
cialization of the parameters of the generic Hecke algebra H(G(2fd,2,2)),
(20, Z1;%0, Y15 20, 21, - - - s Zfa—1), which gives the generic Hecke algebra of the
group G(2fd,2f,2).

Lemma A.7.3. The algebra H(G(2fd,2,2)) specialized via
T — T; (0<i<1),

yijjkd ) (0<j5<1),
2o (Ml (0< k< fd—1)

is the twisted symmetric algebra of the cyclic group Cy over the symmetric
subalgebra H(G(2fd,2f,2)) with parameters (xo, T1;Yo, Y15 U0, UL, -« -5 Ud—1)-

Proof. We have

STU = TUS = UST,

B (S — 20)(S — x1) =0,
H(G(2fd,2,2)) = <S,T,U T )T ) =0, >

(U=20)(U=21) - (U=2zp4-1) =0

Let
STU = TUS = UST,
S —x0)(S—x1)=0
A:={STU ( 0 '
< (T = yo)(T = y1) = 0, >
(Uf*UO)(Uf*Ul)"'(Uf*Ud—l) =0
and
A= (S, T,U").
Then
f-1 f-1
A=U'A=AU" and A=H(G(2fd,2f,2)).
~ ~ ]
=0 =0

Set n := fd = de/2. The group G(2n,2,2) has 4n irreducible characters
of degree 1,
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and n? — n irreducible characters of degree 2,
1.2
Xkt> X (0 <k <l<n).

Following [49], Theorem 3.11, the Schur elements of the irreducible char-
acters of H(G(2n,2,2)) are:

—1 —1 —1 —1 —1 —1 —1
SXijk =Gbl(l’iﬂh_i)'dsl(yj'!h—j)'nln:o,l¢k (@1(Zkzl )'él(miml—iyjyl—jzkzl ))7

Sxi? =—2[I- 1o m#k,l (D1(2r2") - Pr(ziz, ) %:o (dsl(Xin—linyf—lizszl)
B (X XYz 2y ))
where X? := z;, YJ =vyj, ZF = 2.

Following [17], Table 1, the field of definition of G(2n,2,2) is K = Q((2n).
By Theorem 4.2.4, if we set

X'“(K” iz (i=0,1),

C2)”
IO Gy (5= 0,),
Z‘H(K)‘ (C) (k*07177n71)7

then the algebra K(Xy, X1,Y0, 1,20, 21, -, Zn-1)H(G(2n,2,2)) is split
semisimple. Hence, the factorization of the Schur elements of this algebra
is as described by Theorem 4.2.5.
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