
Eur. Phys. J. C (2021) 81:756
https://doi.org/10.1140/epjc/s10052-021-09531-9

Regular Article - Theoretical Physics

Lepton flavour violation in rare �b decays

Marzia Bordone1, Muslem Rahimi2,a , K. Keri Vos3,4

1 Dipartimento di Fisica, Università di Torino and INFN, Sezione di Torino, 10125 Turin, Italy
2 Center for Particle Physics Siegen (CPPS), Theoretische Physik 1, Universität Siegen, 57068 Siegen, Germany
3 Gravitational Waves and Fundamental Physics (GWFP), Maastricht University, Duboisdomein 30, 6229 GT Maastricht, The Netherlands
4 Nikhef, Science Park 105, 1098 XG Amsterdam, The Netherlands

Received: 23 June 2021 / Accepted: 6 August 2021 / Published online: 21 August 2021
© The Author(s) 2021

Abstract Lepton flavour violation (LFV) naturally occurs
in many new physics models, specifically in those explain-
ing the B anomalies. While LFV has already been studied
for mesonic decays, it is important to consider also bary-
onic decays mediated by the same quark transition. In this
paper, we study LFV in the baryonic �b → ��1�2 using
for the first time a full basis of New Physics operators. We
present expected bounds on the branching ratio in a model-
independent framework and using two specific new physics
models. Finally, we point out the interplay and orthogonality
between the baryonic and mesonic LFV searches.

1 Introduction

The incredible joint theoretical and experimental effort car-
ried out in the last years allows us to probe the Standard
Model (SM) of particle physics with an unprecedented preci-
sion. This brought to light some deviations between theoret-
ical predictions and experimental measurements in semilep-
tonic B meson decays [1–15]. These discrepancies, the so-
called B anomalies, hint at Lepton Flavour Universality
(LFU) violation. This is quite surprising, as LFU is one of
the foundation of the SM.

The B anomalies can be split into two classes: (i) devia-
tions in μ/e universality in b → s�+�− and (ii) deviations
in τ vs. light leptons universality in the b → c�ν̄ transitions.
These exciting findings may indicate the presence of New
Physics (NP) particles, and have inspired a plethora of the-
oretical and experimental work. The NP explanations for B
anomalies span a broad class of new heavy particles, from
vectors to scalars states [16–60]. However, a common feature
in all of these models is the prediction of sizeable effects for
Lepton Flavour Violating (LFV) B, τ and μ decays. Current
upper bounds on these modes largely constrain the allowed
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parameter space for NP models, and upcoming experimental
analyses will be fundamental to corroborate or falsify these
NP hypotheses.

When searching for LFV decays mediated by b → s�1�2

transitions, it is crucial to consider both mesonic and bary-
onic decays. Although mediated by the same underlying par-
tonic transition, these two types of decays provide orthog-
onal information on possible NP models. A striking exam-
ple of this is the NP analysis of �b → �μ+μ− decays
[61], which shows that even though B → Kμ+μ− angu-
lar distribution seems to be affected by some short-distance
NP [62–65], the latter is not visible in the �b → �μ+μ−
angular observables. It is therefore natural to assume that
�b → ��−

1 �+
2 decays provide complementary information

compared to their mesonic counterparts B+ → K+�1�2 or
B̄s → �1�2 decays. More precisely, the spin structure of the
�b → � decays induces a richer set of hadronic matrix ele-
ments. Therefore, �b → � decays probe different parameter
space than their mesonic counter parts. In addition, the �b

baryon is copiously produced at LHCb and the dataset col-
lected with Run 1 and Run 2 allow to make precision mea-
surement of observables constructed from �b decays (see
e.g. [66]).

In this paper, we calculate for the first time the angular
distribution of �b → ��−

1 �+
2 decays using a full base of

NP operators (partial results are available in [67,68]). To
achieve this, we use the decomposition of the �b → �

hadronic matrix elements in [69] and the lattice QCD deter-
mination of the corresponding form factors [70]. We then
use model independent constraints to derive upper bounds
for the branching ratio of �b → ��−

1 �+
2 decays and specific

models to provide predictions in a few scenarios [44,45].
This paper is organised as follows: in Sect. 2 we highlight the
main steps of our calculation and provide numerical results
in a generic scenario. In Sect. 3 we use constraints on various
LFV mesonic decays to put bounds on the branching ratio of
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�b → ��−
1 �+

2 , for different choices of leptons in the final
state and make predictions for specific models. We conclude
in Sect. 4.

2 The angular distribution of �b → ��−
1 �+

2

In this section, we introduce the concepts that we need for
the study of phenomenological aspects in Sect. 3.

We consider the following effective Hamiltonian for LFV
b → s�−

1 �+
2 transitions:

Heff = −4GF√
2
VtbV

∗
ts

αem

4π

∑

i=9,10,S,P

(
C�1�2
i (μ)O�1�2

i (μ)

+C ′�1�2
i (μ)O′�1�2

i (μ)

)
, (1)

where the relevant operators are defined by

O�1�2
9 = (s̄γμPLb)(�̄1γ

μ�2), O�1�2
10 = (s̄γμPLb)(�̄1γ

μγ 5�2),

O�1�2
S = (s̄ PRb)(�̄1�2), O�1�2

P = (s̄ PRb)(�̄1γ5�2),

O�1�2
T = (s̄σμνb)(�̄1σμν�2), O�1�2

T 5 = (s̄σμνb)(�̄1σμνγ5�2),

(2)

and the operators with flipped chirality O′�1�2
i are obtained

fromO�1�2
i by replacing PL ↔ PR , where PL/R = 1

2 (1∓γ5).
Notice that the operator O7:

O7 = mb

e
(s̄σμν PRb)F

μν (3)

cannot generate LFV contributions due to the universality of
electromagnetic interactions. We parametrise the hadronic
matrix elements for �b(p, s�b ) → �(k, s�) decays using
an helicity decomposition [69–72]:

〈�(k, s�)|s̄ γ μ b|�b(p, s�b )〉
= +ū�(k, s�)

[
f0(q

2) (m�b − m�)
qμ

q2

+ f+(q2)
m�b + m�

s+

(
pμ + kμ − (m2

�b
− m2

�)
qμ

q2

)

+ f⊥(q2)

(
γ μ − 2m�

s+
pμ − 2m�b

s+
kμ

)]
u�b (p, s�b ), (4)

〈�(k, s�)|s̄ γ μγ5 b|�b(p, s�b )〉
= −ū�(k, s�) γ5

[
g0(q

2) (m�b + m�)
qμ

q2

+ g+(q2)
m�b − m�

s−

(
pμ + kμ − (m2

�b
− m2

�)
qμ

q2

)

+ g⊥(q2)

(
γ μ + 2m�

s−
pμ − 2m�b

s−
kμ

)]
u�b (p, s�b ), (5)

〈
�(k, s�)

∣∣s̄iσμνb
∣∣�b(p, s�b )

〉

= +ū�(k, s�)
{

2h+(q2)
pμkν − pνkμ

s+

+ h⊥(q2)
[m�b + m�

q2 (qμγ ν − qνγ μ)

− 2

(
1

q2 + 1

s+

)
(pμkν − pνkμ)

]

+ h̃+(q2)
[
iσμν − 2

s−
(m�b (k

μγ ν − kνγ μ)

− m�(pμγ ν − pνγ μ) + pμkν − pνkμ)
]

+ h̃⊥(q2)
m�b − m�

q2s−

[
(m2

�b
− m2

� − q2)(γ μ pν − γ ν pμ)

− (m2
�b

− m2
� + q2)(γ μkν − γ νkμ)

+ 2(m�b − m�)(pμkν − pνkμ)
]}

u�b (p, s�b ) (6)

with q = p − k, s± = (m�b ± m�)2 − q2, and s�b and s�
are the spin of the �b and � baryons, respectively. Applying
equations of motion to Eqs. (4)–(6), we obtain the following
matrix elements for scalar and pseudoscalar operators:

〈�(k, s�)|s̄ b|�b(p, s�b )〉
= m�b − m�

mb(μ) − ms(μ)
f0ū�(k, s�)u�b (p, s�b ), (7)

〈�(k, s�)|s̄γ5b|�b(p, s�b )〉
= m�b + m�

mb(μ) + ms(μ)
g0ū�(k, s�)γ5u�b (p, s�b ), (8)

which agree with the expressions in Ref. [69]. In the follow-
ing, we take the masses in MS using mb(mb) = 4180 MeV
[73] and ms(mb) = 78 MeV [74].

2.1 Differential decay width and numerical analysis

We decompose the spin-independent double-differential
decay width as

1


(0)

d
(�b(p, s�b ) → �(k, s�)�−
1 (p1)�

+
2 (p2))

d cos θdq2

= a + b cos θ� + c cos2 θ�, (9)

with 
(0) = α2
emG2

F|VtbV ∗
ts |2

2048π5m3
�b

q2

√
λH

√
λL . We define λH ≡

λ(m2
�b

,m2
�, q2) and λL ≡ λ(q2,m2

�1
,m2

�2
), where λ is the

usual Källén function defined as λ(a, b, c) = a2 + b2 +
c2 − 2a(b+ c) − 2bc. Here cos θ� is the helicity angle in the
dilepton frame as defined in Appendix A. The coefficients a,
b and c are one of the main result of this work and have been
calculated using the operator base in Eq. (1) and the decom-
position for the hadronic matrix elements in Eqs. (4)–(6). We
find:
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a = − 1

q2

{
| f0|2 (m�b − m�)2

q2 s+[|C�1�2
10+ |2(m�1 + m�2)

2q−

+ |C�1�2
9+ |2(m�1 − m�2)

2q+]
+ | f⊥|2s−[|C�1�2

10+ |2(λL + 2q2q+)

+ |C�1�2
9+ |2(λL + 2q2q−)]

+ | f+|2(m�b + m�)2s−[|C�1�2
10+ |2 q+ + |C�1�2

9+ |2 q−]

+ |g0|2 (m�b + m�)2

q2 s−[|C�1�2
10− |2(m�1 + m�2)

2q−

+ |C�1�2
9− |2(m�1 − m�2)

2q+]
+ |g⊥|2s+[|C�1�2

10− |2(λL + 2q2q+)

+ |C�1�2
9− |2(λL + 2q2q−)]

+ |g+|2(m�b − m�)2s+[|C�1�2
10− |2q+ + |C�1�2

9− |2q−]
+ 16|h+|2s−[(m�1 + m�2)

2q−|C�1�2
T |2

+ (m�1 − m�2)
2q+|C�1�2

T5 |2]
+ 16|h̃+|2s+[(m�1 − m�2)

2q−|C�1�2
T |2

+ (m�1 + m�2)
2q+|C�1�2

T5 |2]
+ 16|h⊥|2 s−

q2 (m�b + m�)2

× [q−((m�1 + m�2)
2 + q2)|C�1�2

T |2
+ q+((m�1 + m�2)

2 + q2)|C�1�2
T5 |2]

+ 16|h̃⊥|2 s+
q2 (m�b − m�)2[q+((m�1 − m�2)

2 + q2)

× |C�1�2
T |2 + q−((m�1 + m�2)

2 + q2)|C�1�2
T 5 |2]

}

− (q−|C�1�2
P− |2 + q+|C�1�2

S− |2) s−(m�b + m�)2

(mb + ms)2 |g0|2

− (q−|C�1�2
P+ |2 + q+|C�1�2

S+ |2) s+(m�b − m�)2

(mb − ms)2 | f0|2

− 2s+
q2

(m�b − m�)2

mb − ms
[Re(C�1�2

10+C∗�1�2
P+ )(m�1 + m�2)q−

+ Re(C�1�2
9+ C∗�1�2

S+ )(m�1 − m�2)q+]| f0|2

− 2s−
q2

(m�b + m�)2

mb + ms
[Re(C�1�2

10−C∗�1�2
P− )(m�1 + m�2)q−

+ Re(C�1�2
9− C∗�1�2

S− )(m�1 − m�2)q+]|g0|2

− 8

q2

{
(m�1 + m�2)(m�b + m�)s−q−Re(C�1�2

9+ C∗�1�2
T )

× [Re( f+ h∗+) + 2Re( f⊥ h∗⊥)
]

+ (m�1 − m�2)(m�b − m�)s+q+Re(C�1�2
10− C∗�1�2

T )

× [Re(g+ h̃∗+) + 2Re(g⊥ h̃∗⊥)
]

+ (m�1 + m�2)(m�b − m�)s+q−Re(C�1�2
9− C∗�1�2

T 5 )

× [Re(g+ h̃∗+ + 2Re(g⊥ h̃∗⊥))
]

+ (m�1 − m�2)(m�b + m�)s−q+Re(C�1�2
10+ C∗�1�2

T 5 )

× [Re( f+ h̃∗+ + 2Re( f⊥ h̃∗⊥))
]}

, (10)

b = 2

q4

[
Re( f0 f

∗+)(|C�1�2
9+ |2 + |C�1�2

10+ |2)
+ Re(g0g

∗+)(|C�1�2
9− |2 + |C�1�2

10− |2)]√λHλL

× (m2
�2

− m2
�1

)(m2
�b

− m2
�) − 4[Re(C�1�2

9− C∗�1�2
10+ )

+ Re(C�1�2
9+ C∗�1�2

10− )]Re( f⊥g∗⊥)
√

λHλL

− 2(m2
�b

− m2
�)

q2(mb − ms)

√
λHλL [Re(C�1�2

10+C∗�1�2
P+ )(m�1 − m�2)

+ Re(C�1�2
9+ C∗�1�2

S+ )(m�1 + m�2)]Re( f0 f
∗+)

− 2(m2
�b

− m2
�)

q2(mb + ms)

√
λHλL

× [Re(C�1�2
10−C∗�1�2

P− )(m�1 − m�2) + Re(C�1�2
9− C∗�1�2

S− )

× (m�1 + m�2)]Re(g0g
∗+)

+ 64

q4 (|C�1�2
T |2 + |C�1�2

T5 |2)
× (m2

�2
− m2

�1
)(m2

�b
− m2

�)
√

λHλLRe(h⊥h̃∗⊥)

− 8

q2

{
Re(C�1�2

9+ C∗�1�2
T )(m�1 −m�2)(m�b −m�)

√
λHλL

× [Re( f0h
∗+) + 2Re( f⊥h̃∗⊥)

]+ Re(C�1�2
10− C∗�1�2

T )

× (m�1 + m�2)(m�b + m�)
√

λHλL
[
Re(g0h̃

∗+)

+ 2Re(g⊥h∗⊥)
]+ q2 (m�b − m�)

(mb − ms)
Re(C�1�2

S+ C∗�1�2
T )

×√λHλLRe( f0 h
∗+) + q2 (m�b + m�)

(mb + ms)
Re(C�1�2

P− C∗�1�2
T )

×√λHλLRe(g0 h̃
∗+) + Re(C�1�2

9− C∗�1�2
T5 )

× (m�1 − m�2)(m�b + m�)
√

λHλL
[
Re(g0h̃

∗+)

+ 2Re(g⊥h∗⊥)
]+ Re(C�1�2

10+ C∗�1�2
T 5 )

× (m�1 + m�2)(m�b − m�)
√

λHλL

× [Re( f0h
∗+) + 2Re( f⊥h̃∗⊥)

]

+ q2 (m�b + m�)

(mb + ms)
Re(C�1�2

S− C∗�1�2
T 5 )

√
λHλLRe(g0h̃

∗+)

+ q2 (m�b − m�)

(mb − ms)
Re(C�1�2

P+ C∗�1�2
T 5 )

√
λHλLRe( f0h

∗+)

}
,

(11)

c = +(|C�1�2
9+ |2 + |C�1�2

10+ |2)

× λLλH

q2s+

[
− | f+|2 (m�b + m�)2

q2 + | f⊥|2
]

+ (|C�1�2
9− |2 + |C�1�2

10− |2)

× λLλH

q2s−

[
− |g+|2 (m�b − m�)2

q2 + |g⊥|2
]

+ (|C�1�2
T |2 + |C�1�2

T 5 |2)4λL

q2

[
s−|h+|2 + s+|h̃+|2

123



756 Page 4 of 14 Eur. Phys. J. C (2021) 81 :756

− (m�b + m�)2s−
q2 |h⊥|2 − (m�b − m�)2s+

q2 |h̃⊥|2
]
,

(12)

with C�1�2
X± = (C�1�2

X ± C ′�1�2
X ), q± = (m�1 ± m�2)

2 − q2

and σμν = i/2[γ μ, γ ν]. Our results agree with [72] when
setting m�1 = m�2 = 0 and with [75] for m�1 = m�2 . How-
ever, we note that our convention for the helicity angle cos θ�

has the opposite sign that the one in [72] . We also note
that our formulae above disagree with Ref. [68], in the spe-
cific in terms proportional to (m�1 −m�2)

2|C�1�2
9+ |2| f0|2 and

(m�1 −m�2)
2|C�1�2

9+ |2|g0|2. We ascribe these differences to an
incorrect treatment of mass effects in [68]. Our formulae for
the angular coefficients a, b, c also hold for �b → �∗�−

1 �+
2

decays, when setting the additional perpendicular �b → �∗
form factor to zero. This is a reasonable approximation as in
the Heavy-Quark-Expansion, this form factor is suppressed
by �QCD/mb [76–78].
In the following, we focus on the branching ratio and
forward–backward asymmetry:

dB�1�2

dq2 = 2
(0)τ�b

(
a + c

3

)
, (13)

d A�1�2
FB

dq2 =
∫ 1

0 d cos θ d

d cos θdq2 − ∫ 0

−1 d cos θ d

d cos θdq2

∫ 1
0 d cos θ d


d cos θdq2 + ∫ 0
−1 d cos θ d


d cos θdq2

= b

2
(
a + c

3

) , (14)

where the branching ratio B = τ�b
, where τ�b is the mean
life of the �b baryon [79] and 
 the total width. To evaluate
the size of LFV �b → ��−

1 �+
2 decay, we provide the q2-

integrated quantities of Eqs. (13)–(14). For simplicity, we
set C ′�1�2

i = 0. We further set C�1�2
T (5) = 0. This choice is

discussed at the beginning of Sect. 3. Using the values for
the masses from PDG [73], CKM factors from the UT-fit
collaboration [80] and lattice QCD inputs for the form factors
[70], we obtain

108 · B�1�2 = ξ
�1�2
9 |C�1�2

9 |2 + ξ
�1�2
10 |C�1�2

10 |2 + ξ
�1�2
S |C�1�2

S |2
+ ξ

�1�2
P |C�1�2

P |2 + ξ
�1�2
9S Re(C�1�2

9 C∗�1�2
S )

+ ξ
�1�2
10P Re(C�1�2

10 C∗�1�2
P ), (15)

A�1�2
FB =

[
ρ�1�2 (|C�1�2

10 |2 + |C�1�2
9 |2) + ρ

�1�2
910 Re(C�1�2

9 C∗�1�2
10 )

+ ρ
�1�2
9S Re(C�1�2

9 C∗�1�2
S ) + ρ

�1�2
10P Re(C�1�2

10 C∗�1�2
P )

]/

�1�2 ,

(16)

with the numerical values for the coefficients ξ
�1�2
i and ρ

�1�2
i

listed in Tables 1 and 2 and 
�1�2 is the integrated width.

Table 1 Numerical values for the parameters of Eq. (15). The coeffi-
cients do not depend on the charges of the final state leptons, except for
ξ

�1�2
9S which changes sign when switching the charges of the leptons, i.e.

ξ
τμ
9S = −ξ

μτ
9S and ξ

eμ
9S = −ξ

μe
9S . The uncertainties only include those

from the form factor which are the dominant ones

�1 = μ, �2 = τ �1 = μ, �2 = e

ξ
�1�2
9 2.15 ± 0.11 3.13 ± 0.20

ξ
�1�2
10 2.08 ± 0.10 3.13 ± 0.20

ξ
�1�2
S 0.980 ± 0.057 1.83 ± 0.11

ξ
�1�2
P 1.06 ± 0.06 1.83 ± 0.11

ξ
�1�2
9S −0.973 ± 0.059 0.142 ± 0.013

ξ
�1�2
10P 1.20 ± 0.07 0.144 ± 0.013

We present only explicit results for the final states τ±μ∓
and μ±e∓. The results for τ±e∓ can easily be obtained from
the above results and agree within 1σ with those of τ±μ∓.
The quoted uncertainties only include those from the form
factors, which are the dominant ones. The correlation matri-
ces between the two sets of {ξ�1�2

i , ρ
�1�2
i } coefficients are

given in Appendix B. The ξ
�1�2
i coefficients in Table 1 do

not depend on the charges of the final state leptons, except
for ξ

μτ
9S which depends on (m�1 − m�2) and thus switches

sign when switching the charges of the final state leptons,
i.e. ξ

τμ
9S = −ξ

μτ
9S . Besides, we note that for μe final states,

ξ
�1�2
9 = ξ

�1�2
10 and ξ

�1�2
S = ξ

�1�2
P , such that only the com-

bination |C�1�2
9 |2 + |C�1�2

10 |2 and |C�1�2
P |2 + |C�1�2

S |2 can be

constrained. The coefficients ρ
�1�2
i in Table 2 are reported in

units of 10−21 GeV−1, which is then compensated in A�1�2
FB

by the size of the decay width.

3 Phenomenological implications

In the following, we discuss the implications of the available
constraints on LFV B-meson decays and which bounds they
imply on the observables in the baryonic modes. In order to
do so, we need to choose which NP operators are present.
Since no NP particles have been observed so far above the
electroweak scale, we choose to work with the SMEFT:

Leff = LSM − 1

M2

{
[C(3)

lq ]i jαβ(Q̄iγ μσ aQ j )(L̄αγμσ a Lβ)

+[C(1)
lq ]i jαβ(Q̄iγ μQ j )(L̄αγμL

β)

+[Cledq ]i jαβ(Q̄i d j
R)(ēα

RL
β)

}
, (17)

where we adopt the so-called Warsaw basis [81]. Here we
denote with Q and L the left-handed quark and lepton dou-
blets, respectively, and with eR and dR the right-handed
charged leptons and down-type quarks, respectively. We fur-
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Table 2 Coefficients for the numerator of A�1�2
FB . We give the values in units of 10−21 GeV−1. This factor is compensated by the size of the decay

width in Eq. (16)

�1 = μ, �2 = τ �1 = τ, �2 = μ �1 = μ, �2 = e �1 = e, �2 = μ

ρ�1�2 1.26 ± 0.08 −1.26 ± 0.08 −0.025 ± 0.005 0.025 ± 0.005

ρ
�1�2
910 −5.09 ± 0.24 −5.09 ± 0.24 −9.16 ± 0.55 −9.16 ± 0.55

ρ
�1�2
9S −2.23 ± 0.12 −2.23 ± 0.12 −0.283 ± 0.023 −0.283 ± 0.023

ρ
�1�2
10P 1.99 ± 0.11 −1.96 ± 0.11 −0.280 ± 0.023 0.280 ± 0.023

ther denote ε = iσ2 and M is the effective scale which can be
associated with the mass of the heavy NP degrees of freedom.
The operators in Eq. (17) are the complete set of dimension-
6 semileptonic operators that can contribute to b → s�1�2

transitions. We note that none of these operators contain a
tensor current; nonetheless, at low energy, the operatorO�1�2

T (5)

defined in Eq. (2) could be generated through effective opera-
tors containing a covariant derivative [82]. However, as tensor
operators provide a poor explanation for B anomalies (see
e.g. [83]), we do not consider them in our analysis.

The Wilson coefficients of the operators in Eq. (17) can be
constrained from low-energy processes as well as high-pT
data, and in general a flavour structure has to be assumed
to reduce the number of independent NP parameters. In the
following, we choose to consider only constraints from low-
energy data and first do not to assume any hierarchy for the
NP couplings. In Sect. 3.2 we then study particular scenarios,
where a more complex structure for NP couplings in flavour
space is assumed. For the b → s�1�2 transition we are inter-
ested in, we set i = 2 and j = 3 and generic α = �1 and
β = �2 in Eq. (17). Performing now the tree-level matching
onto Eq. (1), we have

C�1�2
9 = −C�1�2

10 = + v2

�2

π

αem|VtbV ∗
ts |

×
(
[C(3)

lq ]23�1�2 + [C(1)
lq ]23�1�2

)
,

C ′ �1�2
9 = +C ′ �1�2

10 = + v2

�2

π

αem|VtbV ∗
ts |

[Cld ]23�1�2 ,

C�1�2
S = −C�1�2

P = + v2

�2

π

αem|VtbV ∗
ts |

[Cleqd ]23�1�2 ,

C ′ �1�2
S = +C ′ �1�2

P = + v2

�2

π

αem|VtbV ∗
ts |

[C∗
leqd ]32�1�2 .

(18)

3.1 Model-independent approach

constraints on several combinations of Wilson coefficients
from measurements of mesonic LFV decays. We consider
the branching ratios of the decay modes B̄s → �−

1 �+
2 and

B → K�−
1 �+

2 , for which the experimental upper limits at
90% CL are reported in Table 4. Using Eq. (1), we have:

Table 3 Experimental upper limits for LFV B decays at 90% CL

Observable Upper bound

B(B̄s → μ±τ∓) 3.5 · 10−5 [84]

B(B̄s → μ±e∓) 5.4 × 10−9 [85]

B(B+ → K+τ−μ+) 4.5 × 10−5 [86]

B(B+ → K+μ−τ+) 3.9 × 10−5 [87]

B(B+ → K+μ−e+) 7.0 × 10−9 [88]

B(B+ → K+e−μ+) 6.4 × 10−9 [88]

Table 4 Predictions for the coefficients describing B+ → K+�−
1 �+

2
decays using the hardonic form factors from Refs. [89,90]. We note that
these coefficients are independent of the charges of the leptons, except
for cS9

�1�2
which changes sign depending on the charge of the heavier

lepton

�−
1 = μ−, �+

2 = τ+ �−
1 = μ−, �+

2 = e+

c9+
�1�2

1.09 1.75

c10+
�1�2

1.14 1.75

cS�1�2
1.47 2.68

cP�1�2
1.58 2.68

cS9
�1�2

−1.35 0.21

cP10
�1�2

1.66 0.21

B(B̄s → �−
1 �+

2 ) = τBs

64π3

α2
emG2

F |VtbV ∗
ts |2

m3
Bs

f 2
Bs λ1/2(m2

Bs ,m
2
�1

,m2
�2

)

×
⎧
⎨

⎩[m2
Bs − (m�1 − m�2 )

2]
∣∣∣∣∣(m�1 + m�2 )C

�1�2
10− + m2

Bs

mb + ms
C�1�2

P−

∣∣∣∣∣

2

+ [m2
Bs − (m�1 + m�2 )

2]
∣∣∣∣∣(m�1 − m�2 )(C

�1�2
9− ) + m2

Bs

mb + ms
(C�1�2

S− )

∣∣∣∣∣

2
⎫
⎬

⎭ ,

(19)

and

B(B+ → K+�−
1 �+

2 )

= 10−8
{
c9+
�1�2

∣∣∣C�1�2
9+
∣∣∣
2 + c10+

�1�2

∣∣∣C�1�2
10+
∣∣∣
2 + cS�1�2

∣∣∣C�1�2
S+
∣∣∣
2

+cP�1�2

∣∣∣C�1�2
P+
∣∣∣
2 + cS9

�1�2
Re[C∗�1�2

S+ C�1�2
9+ ]

+cP10
�1�2

Re[C∗�1�2
P+ C�1�2

10+ ]
}
, (20)
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Fig. 1 Model independent constrains on different combinations of Wilson coefficients obtained from the 90% CL upper limits on meson b →
sμ±τ∓ transitions

Both Eqs. (19) and (20) agree with previous results in the lit-
erature [91,92]. Using again the values for the masses from
PDG [73], CKM factors from the UT-fit collaboration [80],
fBs = 215 MeV [93] and Lattice QCD/Light Cone Sum
Rule results in Refs. [89,90], we find the coefficients ci�1�2
in Eq. (20) as listed in Table 4. Similar as for ξ9S , the coeffi-
cient cS9

�1�2
is proportional tom�1 −m�2 and thus changes sign

depending on charge of the heavier lepton. We stress that the
numbers in Table 4 are strongly dependent on the choice for
αem. Here we take αem = 1/133. A different choice can be
implemented by rescaling the ci�1�2

coefficients.
Finally, we use the experimental upper bounds listed in

Table 3 and Eqs. (19) and (20) to constrain different combi-
nations of couplings C�1,�2

i . As stated before, we do not con-
sider τe decays as the constraints coming from these decays
are similar to those from the τμ channel. Furthermore, for
simplicity we also do not consider the O′�1�2

i operators. This
choice is motivated by the fact that these operators are unap-
pealing when trying to fit b → s�� data [62–65,94]. Nev-

ertheless, we stress that the baryonic channels have a dif-
ferent dependence on the primed operators with respect to
the mesonic ones, which may be interesting to consider once
scenarios involving these operators become more interesting
to explain the B anomalies.

The obtained bounds for τμ and μe finals states are given
in Fig. 1 and in Fig. 2, respectively. We consider three 2-
dimensional scenarios, in which we allow only some combi-
nations of NP Wilson coefficients to be non-zero: C�1�2

9 and

C�1�2
10 , C�1�2

S and C�1�2
P and the SMEFT inspired one, where

C�1�2
9 = −C�1�2

10 and C�1�2
S = −C�1�2

P . For the C�1�2
9 −C�1�2

10

and C�1�2
S − C�1�2

P scenarios, which are independent of the
charge configuration in the final state, we only consider the
strongest bound in Table 3. As the interference betweenC�1�2

9

and C�1�2
S depends on the charge configuration of the leptons

in the final state, we present plots for both the τ+μ− and
τ−μ+ final states. We note that the B̄s → τ−τ+ decay only
gives a very weak constraint in the C�1�2

9 = −C�1�2
10 plane

ranging from −200 to 200. From comparison of the plots
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Fig. 2 Model independent constrains on different combinations of Wilson coefficients obtained from the 90% CL upper limits on meson b →
sμ±e∓ transitions

in Fig. 1, we find large differences between the τ+μ− and
the τ−μ+. Hence, we stress that it is important to analyse
these final states separately. For the electron, the differences
between μ−e+ and μ+e− are negligible and we only present
one figure.

As the mesonic B+ → K+�1�2 and B̄s → �1�2 are
mediated by the same quark level transition, we can use the
obtained upper limits on combinations of Wilson coefficients
and convert those into upper limit on the branching ratio
and forward–backward asymmetry for �b → ��1�2 decays
using Eq. (16). When allowing for only one NP Wilson coef-
ficient to be nonzero at a time, for example allowing only
C�1�2

9 �= 0, the corresponding bounds can be easily obtained
by calculating the scale factor between ci�1�2

of the meson

B → K LFV decay and ξ
�1�2
i of the baryon �b → �

decay using Tables 1 and 4 and re-scaling the upper limit
of the mesonic decay accordingly. In addition, comparing
the coefficients in these tables, we observe that the ratios
ci�1�2

/c j�1�2
and ξ

�1�2
i /ξ

�1�2
j are very similar for i, j = 9, 10

and i, j = S, P . Therefore, the sensitivities for LFV B → K
and �b → � decays are rather similar when considering the
C�1�2

9 −C�1�2
10 only and C�1�2

S −C�1�2
P only scenarios. Upper

limits (at 90% CL) for the branching ratio of �b → ��1�2

derived from their mesonic counter parts for the three sce-
narios are presented in Table 5. These values should be inter-
preted as follows: any future experimental upper limit on the
baryonic mode below the quoted value gives stronger con-
straints on the Wilson coefficients than those obtained from
the current mesonic upper limits.

The complementarity of the mesonic and the baryonic
LFV channels specifically arises when considering both
(axial)vector and (pseudo)scalar operators. This complemen-
tarity is caused the difference between the ratios ci�1�2

/c j�1�2

and ξ
�1�2
i /ξ

�1�2
j for i = S9, P10 and j = S, P, 9, 10.

We expect a similar complementarity also when both ten-
sor operators and (axial)vector operators are present. We
illustrate quantitatively this in Fig. 3 for the SMEFT sce-
nario where C�1�2

9 = −C�1�2
10 ,C�1�2

S = −C�1�2
P . We present
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Table 5 Upper limits for the branching ratio of �b → � LFV decays
obtained in a model independent way by considering their mesonic
counter parts. Bounds are at 90% CL. For the first two scenarios, the
branching ratios are independent of the charge configuration. However
for the SMEFT scenario this is not the case anymore, hence we present
both branching ratios for μ−τ+ and in brackets τ−μ+

Bμτ (Bτμ) × 10−5 Beμ = Bμe × 10−8

C�1�2
9 �= 0,C�1�2

10 �=
0,C�1�2

S = C�1�2
P = 0

< 7.7 (7.7) < 1.1

C�1�2
S �= 0,C�1�2

P �=
0,C�1�2

9 = C�1�2
10 = 0

< 2.7 (2.7) < 0.06

C�1�2
9 = −C�1�2

10 ,C�1�2
S =

−C�1�2
P

< 7.4 (11) < 1.1

the current meson constraints combined with two possi-
ble constraints on the �b → �μ−τ+ branching ratio and
observe that the mesonic modes place strong constraints on
scalar/pseudoscalar interactions while the baryonic channel
is more sensitive to Cμτ

9 and Cμτ
10 .

Finally, we consider the integrated forward–backward
asymmetry A�1�2

FB which provides orthogonal information
compared to the branching ratio. From Eq. (16) we note the
following properties: A�1�2

FB is identically zero if C�1�2
9 =

C�1�2
10 = 0, and in the case in which only C�1�2

9 = −C�1�2
10 �=

0 A�1�2
FB is independent on the values of C�1�2

9 and C�1�2
10 .

In the latter scenario, we find for C�1�2
9 = −C�1�2

10 and

C�1�2
S = C�1�2

P = 0

Aτμ
FB = 0.14 ± 0.01, Aμτ

FB = 0.40 ± 0.03,

Aeμ
FB = Aμe

FB = 0.33 ± 0.04. (21)

A measurement or an upper limit different from these val-
ues provides interesting complementary information. This is
illustrated in Fig. 4, where we consider for the μ−τ+ final
state a future scenario in which an upper limit of Aμτ

FB < 0.3
and Bμτ < 7.7 × 10−5 are considered. As we can see from
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50

100

C
μ
τ

10

Cμτ
S = Cμτ

P = 0

B(Λb → Λ μ±τ∓) < 7.7 · 10−5

AFB < 0.3

Fig. 4 Illustration of how the forward–backward asymmetry provides
orthogonal constraints to the branching ratio of �b → �μ−τ+. The
shaded area present the allowed region for an upper limit Aμτ

FB < 0.3,
compared to an upper limit for the branching ratio of 7.7 × 10−5

Fig. 4, the information on Aτμ
FB helps to rule out a large part

of the allowed space in the C�1�2
9 − C�1�2

10 plane.

3.2 Explicit models

As mentioned, in many models that explain LFU violation,
also LFV naturally occurs. Since our aim is not to perform
a detailed analysis of all the observables in low-energy phe-
nomenology, we choose to focus here on two specific mod-
els that explain the B anomalies. We choose two interesting
solutions, which are the most favourite in the literature: the
combination of the scalar leptoquarks S1 and S3 and the vec-
tor leptoquark U1. For these models we provide predictions
for observables in �b → ��−

1 �+
2 decays.

−100 −50 0 50 100
Cμτ

9 = −Cμτ
10

−100

−50

0

50

100

C
μ
τ

S
=

−C
μ
τ

P

B̄s → μ−τ+

B+ → K+ μ−τ+

B(Λb → Λμ−τ+) < 3.0 · 10−6
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Fig. 3 Illustration of the orthogonality between current mesonic and possible future baryonic constraints
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The S1 + S3 scalar leptoquarks scenario [44]
Here we focus on the S1 +S3 scenario, following the analysis
in Ref. [44].1 The main idea there is to apply the Froggatt–
Nielsen mechanism [95], that explains the hierarchies of
quark masses, as a power counting for NP operators, and
thereby providing simultaneously an explanation for the B-
anomalies and the flavour puzzle. Converting the formalism
of Ref. [44] to the Wilson coefficients defined in Eq. (1), we
find:

C�1�2
9 = −C�1�2

10 = v2

M2

π

αem|VtbV ∗
ts |

|g3|2 S̃3�2
QL S̃

∗2�1
QL (22)

where M is the mass of the heavy scalar leptoquarks, S̃i�iQL
is the spurion associated with the S3 scalar leptoquark and
encodes the Froggatt–Nielsen power counting, and g3 is an
overall coupling which is expected to be of O(1). Notice that
the scalar leptoquark S1 does not contribute to b → s�−

1 �+
2

transitions. With this, we find

Cμτ
9 = −Cμτ

10 = − (0.41 ± 0.07),

Cτμ
9 = −Cτμ

10 = (10 ± 2). (23)

For the modes with electrons and muons in the final states, we
find Ceμ

9 ∝ 10−3 and a even lower value for Cμe
9 . Therefore,

we conclude that the corresponding branching ratios are too
small to be measured by any experiment in the near future.
Focusing then on the final states with muons and taus, using
the Wilson coefficients in (23) and our results in Sect. 2 gives

Bμτ = (7.1 ± 2.5) × 10−9,

Bτμ = (4.2 ± 1.7) × 10−6,
(24)

where the errors are dominated by the ones on the NP Wil-
son coefficients. Note that since this model predicts C�1�2

9 =
−C�1�2

10 , A�1�2
FB is independent from any Wilson coefficients

and assumes the value in Eq. (21). From Fig. 4 we can con-
clude that the C�1�2

9 = −C�1�2
10 scenario would be excluded

by the measurement of A�1�2
FB . Hence, this stresses the impor-

tance of obtaining experimental constraints on this observ-
able.

The U1 vector leptoquark scenario [45]
Other interesting NP models are those with a vector lepto-
quark, usually denoted U1. In fact, this NP particle is the
only one able to accommodate both classes of B anomalies
on its own. Among the various possibilities available in the
literature, we focus on [45], where the vector leptoquark is

1 The analysis Ref. [44] provides qualitatively the same results as Ref.
[40].

a massive state originating from the Spontaneous Symme-
try Breaking of a gauge group larger than the SM one. As a
consequence of the gauge representation of theU1 vector lep-
toquark, not only vector and axial vector couplings, but also
scalar and pseudoscalar couplings are generated. In particu-
lar, the latter are very useful in explaining the large discrepan-
cies in b → cτ ν̄ data and as a consequence, generate sizeable
b → s�1�2 interactions. Therefore, we expect very different
signatures for the U1 model than the ones in the scalar lepto-
quark case. In Ref. [45] several cases are taken into account,
where the flavour structure of the NP couplings has a U (2)5

flavour symmetry [96] or not, and where (pseudo-)scalar cou-
plings are present or not. In the following we report results
for the case in which noU (2)5 flavour symmetry is assumed.
We note that using the scenario based on the U (2)5 flavour
symmetry yields very similar results. We also note that given
the flavour structure assumed in Ref. [45], the couplings of
the vector leptoquark to electrons is zero, hence no effect is
predicted for �b → �e±μ∓. In the notation of Ref. [45] we
have

C�1�2
9 = −C�1�2

10 = + 2π

αem|VtbV ∗
ts |

CUβ
2�1
L (β

3�2
L )∗,

C�1�2
S = −C�1�2

P = + 4π

αem|VtbV ∗
ts |

CUβ
2�1
L (β

3�2
R )∗, (25)

where CU is a normalisation constant which contains the
mass of the vector leptoquark normalised to the electroweak
vacuum-expectation value and the gauge coupling of the lep-
toquark. The factor β

jβ
L(R) represents the coupling in flavour

space to left(right)-handed fermions. In the following we
neglect the uncertainties on the fitted parameters obtained
from [45] due to their large and asymmetric distributions.
Either way, this scenario provides a useful benchmark that
allows us to predict the size of LFV �b → � decays. We
first look at the case β

3β
R = 0. We find

Cτμ
9 = −Cτμ

10 = −5.93,

Cμτ
9 = −Cμτ

10 = +2.90. (26)

The predictions for A�1�2
FB in this case are the same as in

Eq. (21). The corresponding integrated branching ratios are:

Bτμ = 1.5 × 10−6

Bμτ = 3.6 × 10−7. (27)

In the case where β
3β
R �= 0, we find

Cτμ
9 = −Cτμ

10 = −4.47, Cτμ
S = −Cτμ

P = 0,

Cμτ
9 = −Cμτ

10 = 2.03, Cμτ
S = −Cμτ

P = 4.06, (28)

which yields

Bτμ = 8.5 × 10−7 and Aτμ
FB = 0.14,

Bμτ = 5.3 × 10−7 and Aμτ
FB = 0.12. (29)
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Some comments are in order. In the scenario where C�1�2
S(P) =

0, A�1�2
FB is independent from the Wilson coefficients and its

value is given in Eq. (21). We find that Bτμ > Bμτ due to
a factor of two between the respective NP couplings. In the
case where we have alsoCμτ

S = −Cμτ
P �= 0, we find thatBμτ

is surprisingly small due to the negative interference between
Cμτ
S and Cμτ

P . On the other hand, Aμτ
FB is found to be smaller

than Aτμ
FB, hence providing a possible way to distinguish the

different scenarios.

3.3 LHCb prospects

The results found in the above sections indicate that �b →
��1�2 decays are very good probes of physics beyond the
SM and provide in certain scenarios complementary bounds
with respect to the ones from B̄ → �1�2 and B+ → K+�1�2

decays. Here we want to comment on the prospective for mea-
surement of �b → ��1�2 decays at the LHCb experiment.
If we consider measurement carried out with the same
dataset, we expect for the measured yields:

N (�b → �(→ pπ)�1�2)

N (B+ → K+�1�2)

= B(�b → �(→ pπ)�1�2)|theory

B(B+ → K+�1�2)|theory

f�b

fB+
r�b/B+ , (30)

where f�b/ fB+ is the ratios of the fragmentation functions
for the �b and the B+ modes, respectively, and r�b/B+
is a correction factor due to different reconstruction effi-
ciencies. In Ref. [97], the ratio f�b/( fu + fd) is mea-
sured. Using isospin relations, we can write f�b/ fB+ =
2 f�b/( fu + fd) = (0.518 ± 0.036). The ratio of the pre-
dicted values of the theoretical branching ratios depends on
the NP model and final state leptons. However, as we noted
already in Sect. 3.1, the branching ratios for the baryon and
the meson case are very similar in size: therefore, for an
order of magnitude estimate, we consider them to be equal.
The last piece of information needed is the ratio r�b/B+ , that
is difficult to estimate without a thorough simulation of the
LHCb detector. However, in order to give an estimate, we use
the information in Refs. [6,98], that are based on the same
integrated luminosity. From these papers we extract

N (�b → �(→ pπ)μ−μ+)

N (B+ → K+μ−μ+)
≈ 0.31. (31)

This means that we expect the efficiency for the reconstruc-
tion of the �b to be roughly 1.67 times less than that of the
B+, when also taking into account the fragmentation frac-
tions effect. Hence we set r�b/B+ = 1.67. We expect that all
the other correction factors due to the reconstruction of the
leptons in the final state cancel out since we are comparing

the same leptonic final states in both decays. This yields

B(�b → �(→ pπ)�1�2) ≈ 1.67
f�b

fB+
B(B+ → K+�1�2).

(32)

Using the current upper limit on B(B+ → K+τ+μ−), we
thus expect that LHCb can reach the following sensitivity:

B(�b → �(→ pπ)μ−τ+) � 6.5 × 10−5, (33)

for Run 1 and 2 datasets. In the above estimate, we have not
included any correction for the trigger efficiency, which can
be different for the baryonic and mesonic mode. The estimate
in Eq. (33) can be compared to the model dependent and
model independent bounds on B(�b → �τ+μ−) found in
the previous sections. In particular, the expected upper bound
from LHCb would already give better constraints than the
corresponding ones from the mesonic decays, as illustrated
in Fig. 3. We also stress that future runs will improve the
upper limit in Eq. (33) of at least a factor of roughly two with
Run 3 and a factor of three with further runs [66].

4 Conclusions

In this paper, we present the first full analysis of �b →
��−

1 �+
2 lepton flavour violating (LFV) decays in terms of

possible new physics operators. The main results of this paper
are Eqs. (10)–(12), where the coefficients of the angular dis-
tributions for �b → ��−

1 �+
2 decays are given. We study

the interplay between the baryonic and mesonic searches
for LFV, where for the latter upper limits are already avail-
able. We convert these upper limits into constraints on the
branching ratio and forward–backward asymmetry for�b →
��−

1 �+
2 decays. We find that the �b → ��−

1 �+
2 decays pro-

vide different constraints on the new physics Wilson coef-
ficients than B̄s → �−

1 �+
2 and B+ → K+�−

1 �+
2 decays,

and have the potential to reduce the allowed parameter space
for new physics models. We then analyse quantitatively the
size of �b → ��−

1 �+
2 decays in specific scenarios that can

address B anomalies, using as a Refs. [44,45]. Our findings
indicate that the predicted branching ratio for �b → ��−

1 �+
2

for these scenarios are such that they can further constrain the
new physics couplings. As a final prospective, we estimate
the reach of LHCb for �b → ��−

1 �+
2 decays, finding that

an upper limit of B(�b → �μ−τ+) � 6.5 · 10−5 can be
reached with Run 1 and Run 2 data.
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Appendix A: Details on kinematics

In the �b rest frame (�b − RF), the momenta are defined as

qμ|�b−RF = (q0, 0, 0,−|�q|), (34)

kμ|�b−RF = (m�b − q0, 0, 0, |�q|). (35)

where

q0|�b−RF = m2
�b

− m2
� + q2

2m�b

, and

|�q||�b−RF =
√

λ(m2
�b

,m2
�, q2)

2m�b

, (36)

where λ is the usual Källen function defined as λ(a, b, c) =
a2 + b2 + c2 − 2a(b + c) − 2bc.
In the dilepton rest frame we have that qμ|2�−RF =√
q2(1, 0, 0, 0), and

pμ
1 |2�−RF = (E�1 ,−| �p2||2�−RF sin θ�, 0,−| �p2||2�−RF cos θ�),

(37)

pμ
2 |2�−RF = (E�2 ,+| �p2||2�−RF sin θ�, 0,+| �p2||2�−RF cos θ�),

(38)

where

| �p2||2�−RF =
√

λ(q2,m2
�1

,m2
�2

)

2
√
q2

, and

E�1,2 =
q2 + m2

�1,2
− m2

�2,1

2
√
q2

. (39)

The two reference systems are connected by the following
relation for any vector:

xμ||�b−RF = �μνx
Tμ , � =

⎛

⎜⎜⎝

γ 0 0 −βγ

0 1 0 0
0 0 1 0

−βγ 0 0 γ

⎞

⎟⎟⎠ (40)

where �μν is a Lorentz transformation along the z axis. It’s
parameters are:

γ = q0|�b−RF√
q2

, and β = |�q||�b−RF

q0|�b−RF
. (41)

Table 6 Correlation matrix for the �b → �μ−e+ parameters

1 1 0.617 0.617 0.643 0.643 −0.728 0.820 −0.839 −0.839

1 1 0.617 0.617 0.643 0.643 −0.728 0.820 −0.839 −0.839

0.617 0.617 1 1 0.885 0.885 −0.559 0.451 −0.778 −0.778

0.617 0.617 1 1 0.885 0.885 −0.559 0.451 −0.778 −0.778

0.643 0.643 0.885 0.885 1 1 −0.835 0.438 −0.911 −0.911

0.643 0.643 0.885 0.885 1 1 −0.835 0.437 −0.911 −0.911

−0.728 −0.728 −0.559 −0.559 −0.835 −0.835 1 −0.434 0.932 0.932

0.820 0.820 0.451 0.451 0.438 0.438 −0.434 1 −0.517 −0.517

−0.839 −0.839 −0.778 −0.778 −0.911 −0.911 0.932 −0.517 1 1

−0.839 −0.839 −0.778 −0.778 −0.911 −0.911 0.932 −0.517 1 1
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Table 7 Correlation matrix for the �b → �μ−τ+ parameters

1 0.997 0.709 0.716 −0.742 0.742 0.835 0.857 −0.877 0.877

0.997 1 0.747 0.755 −0.787 0.788 0.858 0.838 −0.900 0.900

0.709 0.747 1.00 0.999 −0.962 0.947 0.715 0.466 −0.835 0.835

0.716 0.755 0.999 1 −0.971 0.958 0.734 0.470 −0.846 0.846

−0.742 −0.787 −0.962 −0.971 1 −0.999 −0.841 −0.481 0.899 −0.899

0.742 0.788 0.947 0.958 −0.999 1 0.857 0.480 −0.903 0.903

0.835 0.858 0.715 0.734 −0.841 0.857 1 0.519 −0.964 0.964

0.857 0.838 0.466 0.470 −0.481 0.480 0.519 1 −0.544 0.544

−0.877 −0.900 −0.835 −0.846 0.899 −0.903 −0.964 −0.544 1 −1

0.877 0.900 0.835 0.846 −0.899 0.903 0.964 0.544 −1 1

Appendix B: Correlations

We present correlation matrices for the set of coefficients
{ξ�1�2

i , ρ
�1�2
i }, with the same ordering as in Tables 1 and 2.

In Table 6 we present the correlations for μe final states and
in Table 7 the ones for μτ final states.
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