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The Fano factor, &, of the shot noise of the current through the edge states of a two-dimensional topological
insulator with contacts of generic type is calculated. A magnetic static defect changes & significantly. For
metallic contacts, as the strength of the defect increases, the Fano factor increases from &% = 0 to its maxi-
mum value, & . = 0.17, and then decreases back to zero value in the limit of strong defect. For tunnel con-
tacts in the limit of weak tunnel coupling, the Fano factor is insensitive to the strength of the defect: % — 1/2.

For weak but finite tunnel coupling strength, % exhibits a periodic series of sharp peaks of small amplitude
as a function of the magnetic flux piercing the sample. The peaks transform into Aharonov—Bohm harmonic

oscillations with increasing the strength of the tunnel coupling.

DOI: 10.1134/50021364024600186

1. INTRODUCTION

The study of electrical and optical properties of the
topological insulators (TI), i.e., materials that are
insulators in the bulk, but have conducting states at the
boundary [1—3], is one of the hot topics actively dis-
cussed in the last decade. In particular, in two-dimen-
sional (2D) TI, non-trivial topology of bulk bands
leads to the appearance of helical one-dimensional
(1D) states which conduct the current along the edges
of the sample without dissipation. The propagation of
electrons in such 1D channels is characterized by a
certain helicity, i.e., electrons with opposite spins trav-
eling in opposite directions. A remarkable conse-
quence of this feature is the prohibition of backscatter-
ing by non-magnetic impurities, and precisely due to
this property there is no dissipation in such channels.

The best known implementation of 2D TI are the
quantum wells in HgTe/CdTe-based structures, the
topological properties of which were predicted theo-
retically [4, 5] and confirmed by a series of experi-
ments, including measurements of the conductance of
edge states [6] and experimental evidence of nonlocal
transport [7—10].

If one attaches two non-magnetic contacts to an
edge of a 2D TI and shift (for example, by using a gate)
the Fermi level into the band gap, then the conduc-
tance of such a device will be completely determined
by the properties of the edge states (see Fig. 1). Since
the sample boundary can be bypassed in two direc-

tions, such a system is an interferometer. Accordingly,
both the average current and its noise depend on inter-
ference effects and, as a consequence, the observed
quantities in such systems can be controlled due to the
Aharonov—Bohm (AB) effect [11—17]: they periodi-
cally depend on the magnetic flux penetrating the
region encompassed by electronic states.

Typically, interference is suppressed when 7T
becomes larger than the distance, A, between levels of
the system. As was recently shown theoretically [14—
17], for AB interferometers based on helical edge states
(HES), thisis not the case, and the interference effects

“survive” even in the case T > A = 2nvy/L where
L =L, + L,, L, are the lengths of the interferometer

arms, and vy is the Fermi velocity. For typical vy of
order of 107 cm/s and typical system sizes (>1 micron),
the value of A does not exceed a few Kelvin. This
means that the interference effects in systems based on
HES can be studied at relatively high temperatures,
which are relevant for various applications.

We recently discussed the conductance of the AB
helical interferometers [14—17] and the properties of
the tunnel chain of the AB helical rings [18, 19]. Here
we will discuss another observable quantity—the cur-
rent shot noise.

The shot noise in HES has already been discussed
many times [20—32]. However, the role of the interfer-
ence effects in the noise has previously been discussed
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Fig. 1. (Color online) AB helical interferometer. The green
dot indicates a MD. Contact areas are highlighted in grey.

only in geometry other than shown in Fig. 1 and in a
different regime, (7,eV) < A, where V is the bias
voltage [22, 23]. Usually, an infinite boundary of a T1
is considered, in which there is some kind of defect
leading to backscattering, for example, a dynamic
magnetic impurity. Actually, spin-unpolarized elec-
trons entering the HES through a non-magnetic con-
tact (tunnel or metal) have equal probabilities to jump
into the right-moving state with a certain spin and to
the left-moving one with the opposite spin (see below
the expression (7) for the scattering matrix of a non-
magnetic contact). Therefore, for a finite size sample
in standard two-terminal geometry (see Fig. 1), the
electron can reach the second contact and exit the
sample moving clockwise or counterclockwise. More-
over, for any contacts, with the exception of purely
metallic ones (for example, for tunnel contacts or
quantum point contacts), there is a finite probability
of passing by the contact without leaving the sample,
i.e., both “right-handed” and “left-handed” electrons
can wind around the sample several times before com-
ing out to the contact, and the corresponding pro-
cesses can interfere. Note that quantum point contacts
to the HES have already been realized experimentally
[33], so that possible manifestations of interference
effects in conductance and noise allow experimental
verification, especially having in mind that condition
T > A does not require very strict restrictions on
temperature.

At the same time, in contrast to the standard AB
interferometer based on conventional (non-helical)
states, in a helical interferometer the right and left
electronic states have opposite spins at each point and,
as a consequence, there is no interference at ballistic
case. Interference contributions to the conductance
and the noise appear in the presence of backscattering
in one of the interferometer arms. Such scattering can
be caused, for example, by a MD or a charged island
tunnel-coupled to the HES. It is worth noting that
interference effects in a helical interferometer are not
reduced to AB oscillations (examples of interference

JETP LETTERS Vol. 119

No.5 2024

processes independent of the magnetic field are given
in [16], see Section 4).

The problem of the dynamic magnetic impurity in
the HES has been studied in great detail (see, for
example, works [25, 28—32]). The main idea was to
take into account the back action of electrons in the
infinite HES on a magnetic impurity, whose magnetic
moment changes direction after each scattering event.
Then, for an isotropic exchange interaction between
the impurity and the HES, the magnetic moment of
the impurity relaxes after some time (the so-called
Korringa time) towards the direction of the electron
spin in the HES at the point where the impurity is
located and, as a consequence, the interaction
between the impurity and the HES completely
“switches off” (see discussion in [25]). Accordingly,
the problem of the noise intensity at zero frequency in
the HES with a single impurity makes sense only in the
presence of an anisotropic exchange interaction [28]
(or an external magnetic field acting on a dynamic
impurity, see discussion in [32]). This can be seen, for
example, from the final formulas for the Fano factor
(FF), obtained in the work [28]. These formulas are
singular in the limit of isotropic exchange (p=1,g=1
in the notation [28]), i.e., the result for the FF depends
on the order in which the constants responsible for the
anisotropy tend to zero (see also discussion in [27]).

In this sense, measuring the FF in an experiment
according to the problem setup in [28] will provide
more information about the properties of the impurity
(for example, about the anisotropic exchange con-
stants) than properly about the HES. At the same
time, in a real situation, the relaxation of the magnetic
moment of the impurity is caused not only by the
interaction with the HES, but also with the environ-
ment of the impurity, which will immediately give a
non-singular response for the FF in case of the isotro-
pic exchange interaction. Therefore, it seems no less
interesting to study the case that is completely oppo-
site to the case considered in the papers [25, 28—32],
namely, the case of a static MD with a large spin,
which is robustly connected to the external environ-
ment. In this formulation, the influence of the HES
on the magnetic moment of the defect can be
neglected. This is precisely the case which we will con-
sider in this work.

Specifically, we assume that there is a potential
dielectric ferromagnetic contact (magnetic needle)
with high magnetic stiffness. The direction of the mag-
netic moment of the defect is determined by the
exchange anisotropy inside the dielectric and by
the demagnetization tensor. Such a defect ensures the
existence of a magnetic field in a small region of
the HES, i.e., allows elastic backward scattering with-
out tunneling coupling between the HES and defect.
Note that the possibility of creating static magnetic
contacts to the HES has already been discussed in
another context [34]. In principle, the interference



374

effects we are interested in could be observed in pres-
ence of a point-like non-magnetic scatterer, taking
into account the electron—electron interaction [35].
In the Ilatter case, however, an analysis of inelastic
effects is required, which is beyond the scope of this
work.

For one spinless quantum channel, the shot noise
intensity is proportional to the product of the trans-
mission J and the reflection R =1- T coefficients
of the scatterer:

S(@=0)ecT(1-7).

A convenient measure of shot noise is the FF, & =
S(w = 0)/2el, where [ is the current in the channel.

Experimental measurement of the FF at zero mag-
netic field for the edge states of 2D T1I gives the value
0.1 <% <0.3[24,26]. The upper value 0.3, is close to
the 1/3 value for diffusive conductor. A similar answer
is obtained in the model of a large number of
“islands,” tunnel-connected to the HES, in which the
spin can relax [36]. The effect of such islands on HES
is currently being actively debated (see [37] and refer-
ences therein).

In this work, we study the shot noise FF for the
current flowing through the edge states of the 2D T1 to
which two identical contacts are connected, which can
be of metal or tunnel character. A fixed bias voltage V'
is applied to the contacts. We will consider the most
interesting and easily realized case:

ALT < eV. (1)

For simplicity, we model the external system with a
conventional (non-helical) single-channel wire with
spin and describe the junction of the interferometer
with the external system by real amplitudes ¢, r

(t2 +r= 1), where r is the amplitude of the tunnel-
ing from the external contact to the edge state of the
sample, and 7is the amplitude of the passage along the
HES passing the contact (without exiting the sample)
(see Fig. 2). Although this model of the contact is very
simplified, it is commonly used in the quantum inter-
ferometry, starting from the work [38], since it allows
one to describe the transition from the metal contact
(= 0) to the tunnel contact (¢ = 1). In particular, this
model qualitatively describes quantum point contacts
to the HES, which have already been used in the
recent experiment [33].

We assume that there is a static MD at the edge of
the system. The goal of the work is to calculate
F(1,0,0), where 0 describes the scattering strength on
the MD (6 = 0 is the absence of the defect, 6 = ©/2 is
a strong, ideally reflective defect), and ¢ = ©/D,,
where @ is the magnetic flux through the sample, and
@, is the flux quantum. As we will show, for metal
contacts FF does not depend on ¢, and the MD
strongly enhances the FF. There is an optimal value of
the defect strength 6 . = 0.287, which gives the max-

max

NIYAZOV et al.

Fig. 2. (Color online) The scattering amplitudes of con-
tacts, which for simplicity are modeled as a single-channel
wire with the spin. It is assumed that there is no spin flip at
the contact so that two spin polarizations at the contact are
completely separated. The r — 1 case corresponds to a
tunnel contact, and the 1 — 0 case models a metal contact.

imum value of the FF, & ., = 0.17. On the contrary,
for tunnel contacts, FF is insensitive to both the flux
and the strength of the defect and is equal to
F(1,8,0) = 1/2. Moreover, for contacts with the
amplitude 7 close, but not exactly equal 1, MD reduces
FF. We will also demonstrate that for a contact with an
intermediate tunneling amplitude, 0 <7 <1, the
external magnetic field affects the FF, although the
total relative change in & for ¢ changing from zero to
one is quite small (<0.1).

2. FORMULATION OF THE PROBLEM

The current noise is related with fluctuations of the
electric current with respect to its average value
i) = I@t) - (i Y. Here [ is the current operator (an
analytical expression for / is given in [39, 40]). The
current correlation function associated with the noise
is defined by:

S(t—1)==@ISI() + 81 ()31 (t)).

N | —

The Fourier transform of & gives an expression for the

noise power: S(®) = 2I S(t)exp(iot)dt (the factor 2
in this expression is a matter of convention, see for-
mula (1) in [39] and the comment after Eq. (49) in
[40]).

Spin-dependent transport through the two-termi-
nal device is fully characterized by the matrix of trans-
mission amplitudes 7 = fop (here o and [ are the spin
indices associated with the outgoing and the incoming
electrons, respectively) [39, 40]:

P w+eV

Fo=0)= 2% [ aeTiT@a-TE) @
n

where matrix

T(e) = i) (), (3)
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is related to the spin-averaged transmission coeffi-
cient, I (g), by the equation J(€) = T[T (€)]/2. Aver-
aging this expression over the energy, we obtain an

expression for the conductance G = 2(e’ JHXT (€))e,
and find the current,

_< J’ deTr[T (e (4)
h
n
and the FF,
u+eV
j deTHT(1- )]
F = . U+eV : (5)
j deTHJT]
n

The transmission amplitudes 7,5(€) vary on an

energy scale of the distance between levels A = 2ntv /L.
We will focus on the most interesting case, when the
conditions (1) are satisfied. Then for the FF we have

g - TT( =T,
Tr(T),

where the averaging is taken over a small temperature
window in the vicinity of the Fermi level. In the next
section we will formulate a model that will allow us to
find %, using the formula (6).

(6)

3. MODEL

We consider 2D TI, assuming that the Fermi level
islocated in the bulk gap, so that the transport between
two contacts connected to the system is completely
determined by the HES.

The simplest contact scattering matrix has the form

—tr 00
R rt 00 s 9
S, = t+r=1 7
1 Oo_tra r s ()
00r ¢

where two identical blocks are responsible for two
spins, and the basis is chosen in accordance with the
spin polarization of the helical states at the point of
contact (red and blue in Fig. 2).

We will assume that at the edge of the TI there is a
MD: for example, a potential dielectric ferromagnetic
point contact with high magnetic rigidity and with the
fixed magnetic moment, the direction of which is
determined by uniaxial anisotropy and the demagneti-
zation tensor of the ferromagnet. We describe scatter-
ing on such MD by the scattering matrix

A cos® isin@e”
SM = L. —i¢ ] (8)
isinOe cos 0
JETP LETTERS Vol. 119 No.5 2024
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that allows for backward scattering, and neglect the
back influence of the HES on the parameters of .S),.

The backward scattering rate, R, = sin26, is deter-
mined by the quantity © while the phase ¢ has the
meaning of the backward scattering phase on the MD.

The matrix of the transmission amplitudes 7 from
one contact to another is determined as follows

aT bT
=7 , 9

where (bT,bi) and (aT,ai) are the amplitudes of
incoming (from the left contact) and outgoing (to the
right contact) waves, respectively (see Fig. 1). This
matrix has been obtained earlier [15]:

e (e’“l 0 )(r 0)(1 Oj
-ty |0 1)5\0 1/t )
! 0 "V oy

N 00) 1 1+ ol
8= COSGKO _J + 5a=¢1 _ 2o kLramy) |

Here, ¢, is determined by the relation

cos(2md,) = cosBcos(2nd), (11)
and the matrix A has the form
A a beié
H=| , (12)
be —a

where & = ¢ — 2kx,, k = €/v is the electron momen-
tum, and X, is the position of the MD, measured from
the left contact. The coefficients

2mid

a=i¢ — cos(2md,) cos 9) (13)
cos 0sin(2md,)
—2mid
_e tan 6’ (14)
sin(2ma,)

are related by the relation a’+b*=1and depend only
on the strength of the defect and the magnetic flux.
The energy dependence is present only in the off-diag-

S +i
onal terms of H in exponents e

4. COMPUTATION OF THE FF

We calculate the expression for the FF in the gen-
eral case by substituting the matrix of transmission
amplitudes (10) into the formula (6) and averaging
over the energy in the limit 77 > A. Technically, at
such temperatures, energy averaging is reduced to cal-

N A
o IO dk(---) [14, 15].

The analytical expression obtained after averaging is

culating the integral (---)
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rather cumbersome (a detailed derivation will be pre-
sented elsewhere) and we show it in the supplementary
material. We will consider limiting cases to clarify the
physical aspects of the problem.

4.1. HES without a MD

The simplest limiting case corresponds to the
absence of a MD. In this case, the electron spin is con-
served both during propagation along the ring and
when entering or leaving a contact. There are no inter-
ference effects in this case since the spin is conserved,
and different spins are described by orthogonal spin-
ors. The transmission amplitude matrix in this case
has a diagonal form,

2 ikLiamol, /L .
2 kL+itm
1 — Pebriame

! 0 rzeiktq—fzn¢-LZ/L : (15)

1 — P2
Expansion of the factors included in the diagonal
terms (1 — tze’AkLi"m’)_l in the Taylor series over 7 is the

sum over the number of windings.

Using the expressions (3), (6), (15) and averaging
over energy, we find that the FF does not depend on
the magnetic flux and is related by a simple formula to
the transmission coefficient:

21 1-9°

= 16
1+17°) 2 (16)

F1,0 =0,0] = (

Here, 7 =(J) = (1-#")/(1+1). Equation (16) is
shown by the blue line in Fig. 3.

4.2. Metal Contacts and Strong M D

Contact, in which an electron ideally tunnels into
the HES, models a metallic contact. Accordingly,
r=1and, as a consequence, t = 0 due to the unitarity
of the contact scattering matrix. The last property
means that the electron passes through the HES only
from contact to contact, and there are no windings. If
there is a strong MD in one of the arms, 6 = 1w/2, then
the electron propagating in this arm is reflected from
it and cannot reach the next contact. Thus, only elec-
trons that move along the bottom edge of the sample
(see Fig. 1) can pass through the interferometer. The
transmission coefficients of such a system are given by

TJr=R,=0and J | =R, = 1. Therefore the shot
noise is absent,

yx(l—gT)gT+(l—gi)g¢=O, (17)

because the passage of the electrons with spin “up” is
completely blocked, while spin “down” passes
through the edge of the sample without backscatter-
ing. Thus, a 2D TI with metal contacts, which has a
strong MD at the edge, is a noise-free ideal spin filter.

NIYAZOV et al.
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Fig. 3. (Color online) (a) The FF as a function of contact
transparency, ¢, for different strength of the scattering on
the MD, 6. The widened green curve shows the family of
dependencies of & on ¢ for 6 = 0,,,, and different ¢. The
width of this curve shows the change of % with changing
magnetic flux in the whole relevant interval: 0 < ¢ < 1. (b)
Dependence of & on fand 6 for ¢ = 1/4.

4.3. Strong MD and General Contacts

For the case of an arbitrary coupling strength with
the contact, 0 < ¢ <1, and strong MD, 6 = /2, the
matrix of transmission amplitudes is easily calculated
by direct summation of the amplitudes and has the

form
ieik(Ll —2x1))t
_ikLl * ( 18)
e

There is no magnetic flux in the denominator, because
the passage through the HES with a non-zero number
of windings includes only trajectories with a return to
the MD, and there is an odd number of windings
2n + 1, of which n + 1 turns clockwise, and n counter-
clockwise. An example of two processes without spin
flip with 1 and 3 windings is shown in Fig. 4. The fac-
tor appears in the denominator Fexpl[ikL +

i27c<])]t2 explikL —i2nd] = t4exp[2ikL] since each
clockwise passage (except for one excess passage) is
accompanied by a counterclockwise passage. In this
case, the FF after averaging in the temperature win-
dow is still independent of the magnetic flux and has
the following form:

ikl 2
e 't

>
Il

4 2ikL

r2e—i2n¢LZ /L+ikL _
1+t'e it

. —ik(L;—-2
o (L1=2x0)
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A b A
(a) (b)

Fig. 4. (Color online) Processes without spin flipping after
transmission of the interferometer with 1 (a) and 3 (b)
windings for the case of a very strong defect.

2
1+
This dependence is shown in Fig. 3 by the orange line.

F[1,0 = 1/2,0] = (19)

4.4. Metallic Contacts and Magnetic Defect
of Arbitrary Strength

We showed above that both in the absence of MD
and for very strong MD, the FF becomes zeroat ¢t = 0,
i.e., for a system with metallic contacts (see Egs. (16)
and (19), respectively).

Let us now consider the metallic contact with# = 0
and assume that the MD has an arbitrary strength,
0 < 08 < /2. In this case, the spins are completely sep-
arated and windings are absent. Therefore, the matrix
of transmission amplitudes is calculated in a trivial
way

. (cos ekl 2oL /L 0
1= 0 ol 2moL/L | (20)
Accordingly, the FF has the form
.2
Fr =0,0,0) = —Sn 20 1)
4(1+cos” 0)

As 0 increases from zero, & increases, reaches a max-
imum, then decreases and again becomes zero in the
limit of a very strong MD. Thus, there is an optimal
value of the MD strength, which gives the maximum

value of the FF, %, = 3—2v2 = 0.17. Physically,
this case is equivalent to the case of two parallel chan-
nels—a completely ballistic one and a channel whose
resistance is determined by scattering on the MD. The

value of & . is obtained by optimizing the expression
Ty(1-1T4,)/(1 + T,) with respect to Ty = cos’ 0.

4.5. General Case

Several simple limiting cases, analyzed above, con-
tained no dependence on ¢. However, a dependence
on ¢ appears in a general case. General formula for
F(1,0,0) is very cumbersome and we have provided it
in the supplementary materials (see expressions (S.7)—
(S5.10) in the supplementary materials). This formula
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clearly shows the dependence on ¢. For example, for
almost metallic contact, ¢ < 1, for an arbitrary scat-
tering strength on a MD, the FF shows weak oscilla-
tions with ¢ :

F(t,0,0) = Ro(1= Ry) + 282
2= (22)
+2r Ro(1 = Ro)(10 — 12K, + 3Rg)cos(47t(1)).
2~ Ry’
Here, Ry =1-T, = sin’ 0 is the probability of back-
scattering from a MD. More interesting is the opposite

case of an almost tunnel contact: t — 1,7 < 1. In this
case,

F 1 3R,

#,0,0) = ———-r . (23)
4((Ry—1)cos(4mh)+ Ry +1)
Although for the ideal tunnel contact, » = 0, we obtain
the universal value % = 1/2, which corresponds to
passing through localized independent levels in the
system [40], dependence of & on the flux appears
when r deviates from unity. In particular, for the case
of a weak defect, Ry < 1, FF shows sharp resonances
of small amplitude around ¢ = 0 and ¢ = 1/2.

Note that the dependence of % on the magnetic
field turns out to be quite weak. Family of dependen-
cies of the FF for the magnetic flux varying in the
range from zero to unity at = 0,,,,, i.e., F(0 = 0,,,,,
t, 0 < ¢ <1), is represented in Fig. 3 by the green
broadened line. The width of this line shows the
change in & over the entire relevant range of magnetic
flux variation: 0 < ¢ < 1. As can be seen, this width is
significantly less than the distance between the two
limiting curves corresponding to 6 = 0 and 6 = /2.
However, this dependence can be analyzed by study-
ing the normalized value & .. (7,0,0) = [F(1,0,0) —
F(1,0,1/4)1/[%(,0,0) — F(£,6,1/4)]. For example,
from the formula (23) for 6 < 1 we obtain

2
G . 6
9 +sin’(2nd)”

i.e., sharp resonances at ¢ = 0 and ¢ = 1/2.

4.6. Comparison with a Conventional AB Interferometer

It is interesting to compare the obtained results
with those for the shot noise of current through a con-
ventional (non-helical) spinless single-channel AB
interferometer. The calculation can be carried out
completely similarly to the helical case (the conduc-
tance of such an interferometer was discussed in [41—
43]). In this paper we will limit ourselves to the case of
a ballistic conventional interferometer with identical
arms. We provide formulas for this case in the supple-
mentary materials (a more general case will be dis-
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- ]:hes
08 Fur[0<y<1]
K, 0.6 F e [1 <7 <09]

0.4 \
0.2

0

0.2 0.4 0.6 0.8 1.0

F

Fig. 5. (Color online) Dependence of the FF on the trans-
mission coefficient of the interferometer: the blue curve is
the helical interferometer without a MD when ¢ changes in

the range 0 < ¢ <1 (described by the formula (16)); the
orange and green curve correspond to a single-channel
conventional (non-helical) interferometer at ¢ = 0.25 and
changing the tunneling parameter v in the range 0 < y <1
and 1 < y < oo, respectively (see supplementary materials).
At ¢ = 0 the orange and green curves “merge” and coin-
cide with the blue curve.

cussed elsewhere). At ¢ = 0, the dependence of the
FF on the conductance is given by the same formula
for the helical and the conventional interferometers
(see Egs. (16) and (S.11)). However, in the conven-
tional interferometer, dependence on ¢ occurs even
without impurities due to the possibility of backscat-
tering at the contacts. Therefore, at ¢ # 0 the depen-
dencies cease to coincide, as illustrated in Fig. 5. Two

different branches of the dependence %(J) arise due
to the fact that in a conventional interferometer the
same conductance can be realized by contacts of dif-
ferent types (see panels (a) and (b) of the Fig. S1 in the
supplementary materials). The most striking differ-
ence occurs at ¢ = 1/2. In this case, in the conven-
tional AB interferometer, there is exact destructive
interference for any energy, i.e., the transmission
amplitude 1is identically zero at all energies,
He, & =1/2) = 0 [38] (see also the discussion of the
consequences of this identity in [41, 42]). As a result,
in a conventional interferometer % — 1 for 8¢ =
0 —1/2 — 0 (see Egs. (S.5) and (S.7) from the supple-
mentary materials and discussion there).

5. CONCLUSIONS

Important conclusions and predictions for possible
experiments can be made by analyzing Fig. 3. One can
see that for a metallic contact (¢ — 0), the introduc-
tion of a MD significantly increases the noise. For
tunnel contacts with very weak tunnel coupling
(t = 1), the dependence on the strength of the defect

NIYAZOV et al.

is weak and, moreover, in a contrast to metallic con-
tact, the MD slightly reduces the FF.

To summarize, we have obtained an expression for
the FF of current flowing along the edge of a 2D TI
with a MD in two-terminal geometry. The obtained
expression was analyzed in different limiting cases
depending on the strength of scattering by the MD and
the transparency of the contacts. The dependence of
% on the magnetic field has also been studied.

SUPPLEMENTARY INFORMATION

The online version contains supplementary material
available at https://doi.org/10.1134/S0021364024600186.
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