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Nuclear magnetic moment is highly sensitive to the underlying structure of atomic nuclei and therefore serves as a stringent test
of nuclear models. The advanced nuclear structure models have been successful in analyzing many nuclear structure properties,
but they still cannot provide a satisfactory description of nuclear magnetic moments. Recently attempts to summarize the present
understanding on nuclear magnetic moments in both relativistic and non-relativistic theoretical models have been made. The detailed
contents are covered in the issue entitled “Nuclear magnetic moments and related topics” (in Sci China Phys Mech Astron, Vol. 54,
No. 2, 2011). In this paper some of the related achievements will be highlighted.
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Nuclear magnetic moment is an important physical observ-
able that reflects the interplay between collective and single-
particle degrees of freedom in atomic nuclei. It therefore pro-
vides a stringent test of various nuclear structure models. A
concise but interesting history and present understanding of
nuclear magnetic moments have been provided in [1].

Since the successes of the nuclear shell model established
in 1949 by Mayer and Jensen for the explanation of the magic
numbers (Z or N = 2, 8, 20, 28, 50, 82, . . . ), the understand-
ing of the magnetic moment of an odd-A nucleus has been
done in the extreme single-particle picture which leads to
the well known Schmidt values [2]. It was observed in the
early 1950s [3], however, that almost all nuclear magnetic
moments are sandwiched between the two Schmidt lines.

The pion, predicted by Yukawa in 1935, and discovered
experimentally by Powell in 1947, was pointed out to be very
important for understanding nuclear magnetic moments by
Miyazawa in 1951 [4] and by Villars in 1952 [5] via the
one-pion exchange currents, which can be understood as a
medium correction in comparison with the free nuclear mag-
netic moments. Besides the pion effect, the first-order con-
figuration mixing was pointed out to be also important in the
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odd-A nuclei with a j j-closed core by Arima and Horie in
1954 [6,7]. This effect is also called the first-order core polar-
ization or Arima-Horie effect. However, for the nuclei with
a LS -closed core ± 1 nucleon, the first-order configuration
mixing does not contribute to nuclear magnetic moments. In
order to understand the difference between Schmidt values
and experiment data in this type of nuclei, it was realized
that one has to take into account the second-order configura-
tion mixing, which is also called the tensor correlation. The
isoscalar magnetic moments provide us the best evidence of
the tensor correlations. There were also lots of discussion
on whether the Δ-hole mixing can explain the magnetic mo-
ments [8–10].

In the past decades, covariant density functional theory
(CDFT) has been successfully applied to describe the nuclear
structure over the whole periodic table [11–15]. However, the
relativistic description of the magnetic moment is still unsat-
isfactory. By taking into account the renormalized currents
by the random phase approximation (RPA) or applying the
self-consistent deformed CDFT with the time-odd fields, the
isoscalar magnetic moments in the nuclei with a LS -closed
core ± 1 nucleon could be reproduced quite well. Unfor-
tunately, these effects cannot remove the discrepancy exist-
ing in the isovector magnetic moments [16–21]. To eliminate
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this discrepancy, one-pion exchange current corrections have
been included in the relativistic model, which were found to
be significant. However they lead to a larger disagreement
with data. Recently, the second-order configuration mixing
has been considered in the fully self-consistent relativistic
theory and it turned out to be important for improving the
description of the isovector magnetic moments [22].

In addition, many models have been further extended to
describe magnetic moment of nuclear ground-state or gyro-
magnetic ratio (g-factor defined as a ratio of magnetic mo-
ment to the angular momentum) of nuclear excited states [23–
36]. In most of these models, however, nuclear magnetic mo-
ments were calculated by adjusting model parameters to re-
produce the experimental data or by adopting a model-space-
dependent effective orbital/spin g-factor. Although good
agreement with the experimental data could be achieved in
this way, a quantitative and universal description of nuclear
magnetic moments would definitely requires further theoret-
ical investigations.

Experimentally, advances in modern experimental tech-
niques and sensitive detectors have made it even possible to
measure, with a reasonable accuracy, magnetic moments of
short-lived nuclear states [37–40].

In order to draw more attention to the status of nuclear
magnetic moment studies and also to introduce the major
achievements on the related subjects, the editorial board of
Science China Physics Mechanic and Astronomy has invited a
number of major theoretical nuclear physicists in this field to
contribute to a special issue entitled “Nuclear magnetic mo-
ments and related topics” (in Sci China Phys Mech Astron,
Vol. 54, No. 2, 2011). This paper attempts to summarize the
progress on theoretical studies of nuclear magnetic moment
and the related topics.

1 Remarks and discussion

1.1 Arima-Horie effect on nuclear magnetic moments

In the extreme single-particle shell model, magnetic moment
of an odd-A nucleus is carried only by one valence nucleon,
which leads to the well known Schmidt values. It was ob-
served in the early 1950s [3], however, that almost all nuclear
magnetic moments are sandwiched between the two Schmidt
lines, and that some of them, like 17F or 15N, show only small
deviations from the Schmidt values, while others, like 209Bi
or 207Tl, show very large deviations. In this extreme single-
particle picture, one expects that the valence proton particle
(or proton hole) in the latter nuclei moving independently
around the core of 208Pb should be similar to that in the for-
mer nuclei moving around 16O. Therefore, it is impossible to
interpret such differences between the two groups of nuclei
within this model.

In 1954 Arima and Horie pointed out a very distinct dif-
ference between these two groups of nuclei [6]. Nuclei in
the former group are LS -closed, i.e. the spin-orbit partners

j = � ± 1/2 of the core are completely occupied. There-
fore they are not expected to be excited strongly by a M1
external field. As for the latter group (like 208Pb), their cores
are j j-closed, i.e. one of the spin-orbit partners is open, and
therefore nucleons in the core can be strongly excited to the
empty spin-orbit partner by the M1 external field. This M1
giant resonance state of the core can be excited by the in-
teraction with the valence nucleon [41]. This is the idea of
Arima-Horie effect on nuclear magnetic moments. Besides,
the second-order core polarization and the meson exchange
current (MEC) were found to be also very important in expla-
nation of the discrepancy between the Schmidt values and the
experimental data [42–44]. It has been shown that the total
effects of second-order core polarization and MEC give cor-
rections, which improve the description of isovector magnetic
moments by the Schmidt values [45, 46]. A recent Green’s
function Monte Carlo calculation of magnetic moments and
M1 transitions for A � 7 nuclei demonstrated again the im-
portance of the MEC contributions to nuclear isovector mag-
netic moments [32].

In [1], Arima presented a brief review of this history as
well as the present understandings of nuclear magnetic mo-
ments and Gamow-Teller transitions. The roles of config-
uration mixing, MEC and relativistic effects have been ad-
dressed. The quenching of isoscalar spin matrix elements and
the recent measurement of the Gamow-Teller strength in (p,n)
and (n,p) reactions on 90Zr pointed out the importance of the
tensor correlations.

1.2 Nuclear magnetic moments from covariant density
functional theories

In the past decades, the covariant density functional theory
or relativistic mean-field (RMF) approach incorporating im-
portant relativistic effects has been used extensively in the
analysis of structure properties. With a few universal param-
eters, it has already achieved great successes not only in de-
scribing many nuclear phenomena for both stable and exotic
nuclei [11–15], but also in reproducing the elemental abun-
dance distributions in both solar system and ultra-metal-poor
stars [47–53]. However, a straightforward application of the
single-particle RMF model with only time-even fields can-
not reproduce the magnetic moment of nuclear ground state,
even for near LS double-closed shell nuclei [16–21]. The
underlying reason is due to the small Dirac effective mass
(M∗ ∼ 0.6M) in the RMF approach which results in the en-
hancement of the Dirac current. The solution of this problem
lies in treating the response of the nuclear core to the unpaired
valence nucleon properly. One way is to treat the polarization
effect of the unpaired nucleon on the core by allowing excita-
tions from the core and thus creating particle-hole vibration.
The coupling of a single-particle state in a nuclear medium to
such a vibration state by meson exchanges in the framework
of relativistic RPA could restore the single-particle electro-
magnetic current to its free-nucleon value [20,54,55]. A more
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general discussion starting from a Ward identity, in which the
coupling to a vibration state represents a vertex correction,
arrived at the same conclusion [56]. In Landau-Migdal quasi-
particle approach or in the language of quantum liquids, the
effective single-particle currents in nuclei or the “back-flow”
effect were also introduced to resolve this problem [57].

Thanks to the development of numerical computation, the
fully self-consistent RMF calculations of A ± 1 nucleons be-
come possible. Then the time-odd fields generated by the un-
paired valence nucleon could be treated properly. To include
the time-odd components self-consistently in the RMF ap-
proach, the spherical symmetry must be broken at the mean-
field level. After taking into account the time-odd nuclear
magnetic potential in axially [58–60] or triaxially [61] de-
formed RMF models, the isoscalar magnetic moments of LS
double-closed shell ± 1 nucleon systems can be reproduced
well. However, there are still several problems to be solved
in this framework. One of them is the restoration of rota-
tional symmetry broken by the time-odd fields at mean-field
level. A significant progress has been made in the implemen-
tation of angular momentum projection based on the RMF
approaches [62–66] in the past decade. Due to the numerical
complexity, these implementations are currently restricted to
even-even nuclei. The extension of such kind of calculations
for odd-A nuclei requires further efforts.

Another problem is to remove the discrepancy existing in
the isovector magnetic moments as there is no vertex correc-
tions for the isovector part of the currents. To eliminate the re-
maining discrepancy, similar as the previous non-relativistic
studies, the MEC correction was performed in the relativistic
models [67, 68]. Unfortunately, although the MEC correc-
tion was found to be significant, the agreement with the data
became worse.

In [22], using the single-particle wave function of Dirac
spinor and the two-body residual interaction derived from a
covariant energy density functional, a step further was made
to incorporate the second-order core polarization correction
to nuclear magnetic moments of nuclei with a LS -closed core
± 1 nucleon and with A = 15, 17, 39 and 41. The second-
order core polarization was found to contribute significantly
to nuclear magnetic moments. It is the cancelation between
the second-order core polarization and the one-pion exchange
current corrections that improves the relativistic description
of isovector magnetic moments.

1.3 g-Factor of nuclear low-lying excited states

The renormalization of the orbital g-factor g� in nuclei is a
fascinating subject in nuclear physics. It has an impact not
only on nuclear magnetic moments, but also on electric and
magnetic sum rules for nuclear collective excitations. The re-
lation between g� and the E1 sum rule in the region of the gi-
ant dipole resonance (GDR) has been investigated [69]. This
relation, which is much more general than the original deriva-
tion in the Fermi gas model, is consistent with experimental

data. The relation between g� and the recently determined M1
sum rule for the scissors mode in deformed nuclei, however,
remains a puzzle which has to be examined in future works.

Nuclear shell model provides a firm framework for study-
ing low-lying states in nuclei. However, the configuration
space of shell models is too huge to be handled for medium-
mass and heavy nuclei. In order to study the properties of
low-lying states, one usually has to truncate the shell model
space. Pair approximation is one of the ideas along this line.
The nucleon pair approximation of the nuclear shell model,
including its history and physical foundation as well as its va-
lidity and applications to the energy spectra were discussed
in [70]. The electromagnetic moments of a few nuclei with
mass number around A ∼ 210 region were calculated by im-
plementing the recently developed technique of diagonalizing
the shell model Hamiltonian in the nucleon pair basis.

Extension of mean-field approaches to describe the g-
factor of nuclear excited states requires the restoration of ro-
tational symmetry breaking in the mean-field approximation.
Recently, the self-consistent beyond mean-field study of g-
factor for nuclear low-lying excited states was carried out
in 24Mg [71]. The nuclear wave functions were constructed
by configuration mixing of relativistic mean-field states pro-
jected on good angular momentum. In this approach, there is
no need to introduce effective charge or effective orbital and
spin g-factor for neutron and proton since the full configura-
tion was used. The available experimental g factor and spec-
troscopic quadrupole moment have been reproduced quite
well. Furthermore, the calculated g factors have been found
to be almost the same for the low-lying excited states with
different angular momenta and close to the empirical value
gR = Z/A of rigid rotor. It indicates that the dominant con-
figurations are quite similar for these low-spin yrast states in
24Mg.

1.4 Some related topics

In the special issue, some related topics, e.g. the phase tran-
sition of nuclear shape, masses of nuclei and the application
of the nucleon pair approximation are discussed. Here some
comments are given and the emphasis is on the results mainly
from Chinese research groups.

Atomic nuclei display a variety of different equilibrium
shapes – spherical, axially deformed, or soft with respect
to triaxial deformations. The transitions in nuclear shapes,
also referred as quantum phase transition (QPT) reveal the
changes of dominant configurations or distinctly different
shapes in nuclear states. In the last decade, QPTs in nuclei
have attracted a lot of attention both in theory and experi-
ment [72–76]. Meanwhile, several Chinese groups have pub-
lished their results on this subject too [77–87].

Masses of atomic nuclei are of primary importance as they
not only allow the determination of the existence limits of
nuclei and provide the essential information about neutron-
proton (np) pairing, but also serve as an important key to re-
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veal the origin of proton-rich nuclei.
Although around ten global models have been devel-

oped to reproduce measured masses and to predict unknown
masses far from the valley of stability, they are presently
limited to an accuracy at the level of 400–600 keV [88].
Recently, the semi-empirical macroscopic-microscopic mass
formula is further improved by considering some residual
corrections and the rms deviation from 2149 known nuclear
masses is significantly reduced to 336 keV [89, 90]. On the
other hand, various local mass relations or formulae have
been often demonstrated to have a better accuracy. For in-
stance, in [91] the Coulomb displacement energy (CDE) was
computed in the RMF model and the rms deviation with re-
spect to all the available CDEs with Z � 8 was improved
by more than a factor of 5 in comparison with the corre-
sponding rms value for absolute masses. Another highlight
of local mass relations that has been extensively investigated
in the last few years is the residual proton-neutron interac-
tions [92–94]. With the help of local mass relations, the ac-
curacy and predictive power of some global mass models can
be significantly improved [95].

The increasing interest in nuclei far from the stability line
demands special attention to the pairing correlations. The
comparison between the calculated results with both micro-
scopic and phenomenological nuclear pairing interactions
was made in [96]. The parameters in the isospin- and
density-dependent zero-range pairing interaction [97] were
readjusted by fitting neutron gaps from a microscopic calcu-
lations [98]. For the pairing in nuclei, Chen et al. proposed
the nucleon pair approximation model which is well appli-
cable to even-even nuclei [99]. This model was refined and
generalized to a unified approach which can be used to both
even and odd nuclei [100]. In recent years, these models are
extensively used in many respects of nuclear processes and
considerable progresses were obtained [101–108].

The description of deformed dripline nuclei requires ded-
icate efforts in treating both deformation and continuum ef-
fects properly. Attempts along this line have been made in
the past decades [109–115].

For the above topics, some review articles and comments
can also be found in [116–118].

2 Summary and perspectives

In summary, the progress of theoretical studies on nuclear
magnetic moments and the recent developments on the re-
lated subjects have been reviewed. The emphasis has been
put on those topics covered in the issue entitled “Nuclear
magnetic moments and related topics” (in Sci China Phys
Mech Astron, Vol. 54, No. 2, 2011).

Theoretical description of nuclear magnetic moments is
one of the long-standing subjects. The magnetic dipole mo-
ments of most atomic nuclei throughout the periodic table
still remain unexplained and the underlying physics mecha-

nism is not fully understood. We are looking forward to more
research contributions to this important subject in the future.

The work was supported by the National Key Basic Research Program of
China (2013CB834400), the National Natural Science Foundation of China
(10975100, 10979066, 11175252 and 11120101005) and the Knowledge In-
novation Project of the Chinese Academy of Sciences (KJCX2-EW-N01 and
KJCX2-YW-N32).

1 Arima A. A short history of nuclear magnetic moments and GT transi-
tions. Sci China Phys Mech Astron, 2011, 54: 188–193

2 Schmidt T. On the magnetic moments of atomic nuclei. Zeits f Physik,
1937, 106: 358

3 Blin-Stoyle R J. The magnetic moments of spin 1/2 nuclei. Phys Soc
A, 1953, 66: 1158–1161

4 Miyazawa H. Deviations of nuclear magnetic moments from the
Schmidt lines. Prog Theor Phys, 1951, 6: 801–814

5 Villars F. Exchange current effects in the deuteron. Phys Rev, 1952,
86: 476–483

6 Arima A, Horie H. Configuration mixing and magnetic moments of
nuclei. Prog Theor Phys, 1954, 11: 509–511

7 Arima A, Horie H. Configuration mixing and magnetic moments of
odd nuclei. Prog Theor Phys, 1954, 12: 623–641

8 Rho M. Quenching of axial-vector coupling constant in β-decay and
pion-nucleus optical potential. Nucl Phys A, 1974, 231: 493–503
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80 Li Z P, Nikšić T, Vretenar D, et al. Microscopic analysis of order pa-
rameters in nuclear quantum phase transitions. Phys Rev C, 2009, 80:
061301(R)

81 Song C Y, Li Z P, Vretenar D, et al. Microscopic analysis of spher-
ical to γ-soft shape transitions in Zn isotopes. Sci China Phys Mech
Astron, 2011, 54: 222–226

82 Mei H, Xiang J, Yao J M, et al. Rapid structural change in low-
lying states of neutron-rich Sr and Zr isotopes. Phys Rev C, 2012,
85: 034321

83 Faisal J Q, Hua H, Li X Q, et al. Shape evolution in the neytron-rich
Ru isotopes. Phys Rev C, 2010, 82: 014321

84 Luo Y A, Zhang Y, Meng X F, et al. Quantum phase transitional pat-
terns in the SD-pair shell model. Phys Rev C, 2009, 80: 014311

85 Zhang Y, Pan F, Liu Y X, et al. analytical description of odd-A nu-
clei near the critical point of the spherical to axially deformed shape
transition. Phys Rev C, 2010, 82: 034327

86 Zhang Y, Pan F, Liu Y X, et al. Simple description of odd-A nuclei
around the critical point of the spherical to axially deformed shape
phase transition. Phys Rev C, 2011, 84: 034306

87 Zhang Y, Pan F, Liu Y X, et al. Critical point symmetries in deformed
odd-A nuclei. Phys Rev C, 2011, 84: 054319

88 Lunney D, Pearson J M, Thibault C. Recent trends in the determination
of nuclear masses. Rev Mod Phys, 2003, 75: 1021–1082

89 Liang Z Y, Liu J H, Liu M, et al. Study on ground state properties
of nuclei with Weizsaecher-Skyrme nuclear mass formula. Nucl Phys
Rev, 2011, 28: 257

90 Liu M, Wang N, Deng Y G, et al. Further improvements on a global
nuclear mass model. Phys Rev C, 2011, 84: 014333

91 Sun B H, Zhao P W, Meng J. Mass prediction of proton-rich nu-
clides with the Coulomb displacement energies in the relativistic point-
coupling model. Sci China Phys Mech Astron, 2011, 54: 210–214

92 Jiang H, Fu G J, Zhao Y M, et al. Nuclear mass relations based on
systematics of proton-neutron interactions. Phys Rev C, 2010, 82:
054317

93 Fu G J, Lei Y, Jiang H, et al. Description and evaluation of nuclear
masses based on residual proton-neutron interactions. Phys Rev C,
2011, 84: 034311

94 Jiang H, Fu G J, Sun B, et al. Predictions of unknown masses and their
applications. Phys Rev C, 2012, 85: 054303

95 Wang N, Liu M. Nuclear mass predictions with a radial basis function

approach. Phys Rev C, 2011, 84: 051303(R)
96 Zhang S S, Lombardo U, Zhao E G. Comparison between microscopic

and phenomenological nuclear pairing calculations. Sci China Phys
Mech Astron, 2011, 54: 236–239

97 Margueron J, Sagawa H, Hagino K. Effective pairing interactions with
isospin density dependence. Phys Rev C, 2008, 77: 054309

98 Zhang S S, Cao L G, Lombardo U, et al. Isospin-dependent pairing
interaction from nuclear matter calculations. Phys Rev C, 2010, 81:
044313

99 Che J Q. Nucleon-pair shell model: Formalism and special cases. Nucl
Phys A, 1997, 626: 686

100 Zhao Y M, Yoshinaga N, Yamaji S, et al. Nucleon-pair approximation
of the shell model: Unified formalism for both odd and even systems.
Phys Rev C, 2000, 62: 014304

101 Lei Y, Xu Z Y, Zhao Y M, et al. SD-pair structure in the pair approxi-
mation of the nuclear shell model. Sci China Phys Mech Astron, 2010,
53: 1460

102 Jiang H, Zhao Y M. Low-lying states of Hg isotopes within the nucleo
pair approximation. Sci China Phys Mech Astron, 2011, 54: 1461

103 Jiang H, Fu G J, Zhao Y M, et al. Low-lying structure of neutron-rich
Zn and Ga isotopes. Phys Rev C, 2011, 84: 034302(R)

104 Zhang L H, Jiang H, Zhao Y M. Studies of low-lying states of even-
even Xe isotopes within the nucleo pair approximation. Sci China Phys
Mech Astron, 2011, 54(suppl. 1): 103–108

105 Luo Y A, Ning P Z. Nucleon-pair shell model: Magnetic excitations
for ba isotopes. Commun Theor Phys, 2002, 37: 331

106 Luo Y A, Pan F, Ning P Z, et al. Sueface delta-interaction in nucleon-
pair shell model. Commun theor Phys, 2004, 42: 397

107 Luo Y A, Pan F, Ning P Z, et al. SD-pair shell model for identical
nuclear systems. Chin Phys Lett, 2005, 22: 1366

108 Wang F R, Liu L, Luo Y A, et al. U(5)-O(6) phase transition in SD-pair
shell model. Chin Phys Lett, 2008, 25: 2432

109 Zhou S G, Meng J, Yamaji S, et al. Deformed relativistic Hartree the-
ory in coordinate space and in harmonic oscillator basis. Chin Phys
Lett, 2000, 17: 717

110 Zhou S G, Meng J, Ring P. Deformed relativistic Hartree-Bogoliubov
model for exotic nuclei. In: Physics of Unstable Nuclei. Singapore:
World Scientific Press, 2008. 402–408

111 Zhou S G, Meng J, Ring P, et al. Neutron halo in deformed nuclei.
Phys Rev C, 2010, 82: 011301(R)

112 Li L L, Meng J, Ring P, et al. Deformed relativistic Hartree-
Bogoliubov theory in continuum. Phys Rev C, 2012, 85: 024312

113 Li L L, Meng J, Ring P, et al. Odd Systems in deformed relativistic
Hartree-Bogoliubov theory in continuum. Chin Phys Lett, 2012, 29:
042101.

114 Zhang Y, Liang H Z, Meng J. Solving the Dirac equation with nonlo-
cal potential by imaginary time step method. Chin Phys Lett, 2009,
26: 092401

115 Li F Q, Zhang Y, Liang H Z, et al. Optimization of the imaginary time
step evolution for the Dirac equation. Sci China Phys Mech Astron,
2011, 54: 231–235

116 Meng J, Liu Y X, Zhou S G. Editoral. Sci China Ser G: Phys Mech
Astron, 2009, 52: 1449

117 Cao Z X, Ye Y L. Study of the structure of unstable nuclei through the
reaction experiments. Sci China Phys Mech Astron, 2011, 54(suppl.
1): 1–5

118 Zhao E G, Wang F. Recent progresss in theoretical nuclear physics re-
lated to large-scale scientific facilities. Chin Sci Bull, 2011, 56: 3797–
3802

Open Access This article is distributed under the terms of the Creative Commons Attribution License which permits any use, distribution, and reproduction
in any medium, provided the original author(s) and source are credited.


