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Abstract

I show that the alternative stationarity-inducing techniques that have been used to
“close” the standard small open economy model (like an endogenous discount factor
and a debt-elastic interest rate premium) have different implications for the equi-
librium dynamics once I add a commonly-used collateral-type financial constraint.
Given this non-equivalence, my results further show that a small open economy
model with a credit constraint that embodies an endogenous discount factor is supe-
rior to the debt-elastic interest rate model when one tries to match this kind of models
to the data.
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1 Introduction

As is well known, one has to add a “friction” to make the equilibrium dynamics of
a standard small open economy (SOE) model stationary and so get a well-defined
solution. Two particularly popular frictions have been an endogenous discount fac-
tor (EDF) in agents’ optimization problem and a debt-elastic interest rate (DEIR)
at which domestic agents borrow from abroad.! But, then, as is also well known, if
one uses an appropriate parameterization, the choice of the friction, and hence of the
model, is trivial because they predict identical steady states and transition dynamics

I'See Schmitt-Grohé and Uribe (2003) and Uribe and Schmitt-Grohé (2017). See also e.g. Uribe and Yue
(2006), Mendoza (1991, 2002, 2010), Korinek and Mendoza (2014) and many others.
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at business-cycle frequencies.> What I show in this short paper is that, once I add
a collateral constraint, this equivalence does not hold any more and so the choice
between an EDF model and a DEIR model ceases to be a trivial issue.

I build upon the baseline small open economy model. I first add an EDF and a
DEIR mechanism as in the above literature and, in turn, I also add a simple financial
constraint, as in e.g. Mendoza (2002), which is also used by the literature on sudden
stops.> The latter means that domestic agents cannot borrow more than a fraction of
their assets from the world capital market so that, when it binds, it is like having a
sudden stop. To demonstrate the different implications of the two mechanisms, I first
solve and evaluate the two models (i.e. the EDF and the DEIR) by comparing their
steady state solutions both when the collateral constraint is binding and when it is not
binding. Then, I solve and evaluate their dynamics. In particular, I assume that both
models happen to be at the financially unconstrained steady state equilibrium (which
is the same across models) and are then hit by a temporary adverse shock to TFP.
Again, I compare the two models with and without the collateral constraint, where,
in the case with, I use the methodology of Guerrieri and Iacoviello (2015) to allow
for an occasionally binding collateral constraint.

My main results are as follows. The presence of the financial constraint breaks
the equivalence between the EDF and the DEIR model and, more generally, breaks
the celebrated result of being indifferent about the way of making the small open
economy model stationary. This applies both to the steady state and to the transition.
Given this, the comparison of the dynamics of the two models reveals that the EDF
model predicts a slower recovery of a financially constrained economy from a tem-
porary adverse TFP shock relatively to the DEIR model, which also helps to bring
the small open economy model closer to the stylized facts.

Therefore, once I add collateral constraints, a proper mix of parameters is not
enough to make these popular model specifications equivalent. The non-equivalence
result arises from the Euler equations for foreign bonds and capital, in the sense that
the introduction of the collateral constraint adds extra distortions also known as asset
pricing wedges, which differ qualitatively across the EDF and the DEIR models. This
is a reminiscent of the literature on balance sheet monetary policies. Once one adds
financial frictions (like borrowing constraints, transaction costs, segmented markets,
moral hazard, etc.) into Wallace (1981) baseline model, different balance-sheet mon-
etary policies can lead to different asset pricing wedges and this allows these policies,
and their mix, to affect the real economic activity (see Walsh 2017, chapter 11.5, for
areview).

The rest of the paper is as follows. Section 2 presents the economic environment.
Section 3 solves the model(s). The final section closes this short paper.

2See e.g. Schmitt-Grohé and Uribe (2003), Kim SH and Kose A (2003) and Uribe and Schmitt-Grohé
(2017).

30n financial constraints and sudden stops see also e.g. Calvo (1998), Mendoza (2002), Korinek and
Mendoza (2014) and Lorenzoni (2014).
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2 A Small Open Economy Model

I will augment a standard small open economy model with financial constraints. I
will work in steps starting with the non-stationary model.

2.1 Baseline Non-Stationary Model

A small open economy is inhabited by a large number of identical infinitely lived
households with preferences:

Eo Y 0,U (cr, ) (0

t=0

where 0 < 0; < 1 is a time discount factor (defined below), ¢; is consumption and
h; is hours of work.

The evolution of foreign debt, d;, and physical capital, k, 1, are given respectively
by:

d=0+rn_)di1—y+c+ir + @ k1 — k) ()

kivr = (1= 8) ks + iy 3)

where y; is output, #; is investment, k;1 is end-of-period capital, d; is end-of-period
one-period risk-free international bonds, which pay the world real interest rate r;
(defined below), the function @ (-) captures capital adjustment costs where @ (0) =
@ (0)=0and0 < § < 1 is the capital depreciation rate. Notice that my notation is
as close as possible to that in Schmitt-Grohé and Uribe (2003) (referred to as SGU)
for reasons of comparability.

Output, y;, is produced by a standard production function:

e = A F (ke, hy) “4)

where F (k;, h;) = k,“htl_”‘, A; is TFP (defined right below) and 0 < o < lis a
parameter.
I assume a simple AR(1) process for A;:

InA;r1 =plnA; + &4 (®))

where 0 < p < 1 is a persistence parameter and &, ~ NIID (0, 082).

Households choose {c;, hy, i;, ki+1, d,};’io to maximize (1) subject to Egs. 2-5.
But, as is well known, this system is not stationary because the steady state of the
model depends on initial conditions (see e.g. Schmitt-Grohé and Uribe 2003, and for
more details Uribe and Schmitt-Grohé 2017).

2.2 Making the Model Stationary
As said in the Introduction, there are several ways of making the model stationary.

Here, I will focus on the two most popular ones: an endogenous discount factor (EDF)
and a debt-elastic country interest rate (DEIR).
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In the EDF model, following SGU (Section 2), the discount factor is assumed to
be:* ~
9t+] zﬂ(aaht)elatzo
6y =1

where Bz < 0, 5 > 0, and ¢; and h; denote the average per capita consumption and
hours of work respectively, which the individual household takes as given. Notice
that in this case the world interest rate can be treated as a parameter, i.e. r; = r.

In the DEIR model, the world interest rate faced by domestic agents, ry, is
increasing in the aggregate level of foreign debt. Following SGU (Section 3), I
assume:?

(6)

re=r+ s (ﬁf*g - 1) 7

where 67, denotes the aggregate level of foreign debt, which the individual household
takes as given, and ¥, and d are parameters. Notice that in this case the discount
factor can be treated as a parameter, i.e. §; = 8’ where 0 < 8 < 1.

2.3 Adding a Simple Financial Constraint

To the above standard setup, I add a financial constraint that limits households’ bor-
rowing ability to a fraction of their collateralized assets. Following e.g. Mendoza
(2002), I have:
dr < Kkt 3

where 0 < k < 1 is a parameter. This constraint resembles a contract with imperfect
enforcement, where foreign lenders cannot collect more than a fraction « of the value
of debtor’s assets.® Under such a financial friction there exists a mismatch between
the non-state contingent debt liabilities and the procyclical borrowing limit, which
drives the financial amplification effects.’

In the context of the EDF model, the optimality conditions for capital and bonds
are respectively:

aa (14 @ ki = k) = ke = ©)
= B (@ Te) Ehrrr [ Avet Fi it i) + 1= 8+ @ (ki — ki)
A= =B (G ) A4 7) Ehyr (10)

where A; and u; denote the non-negative Lagrange multipliers associated with the
budget and the collateral constraint respectively. Details and the equilibrium system
are in Appendix A.

4For a similar modeling of the discount factor see also Mendoza (1991, 2002, 2010) and Kim SH and Kose
A (2003).

SFor a similar modeling of the foreign interest rate see also Philippopoulos et al. (2017).

6The collateral constraint is not derived as an optimal contract between borrowers and lenders, but imposed
directly as in e.g. Kiyotaki and Moore (1997), Aiyagari SR and Gertler M (1999) and Mendoza (2002,
2010).

7For a discussion of the financial amplification mechanism see e.g. Mendoza (2010) and Korinek and
Mendoza (2014).
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In the context of the DEIR model, the optimality conditions for capital and bonds
are respectively:

3 (140 ot =) ) — ety = an
= BEd1 [Ari Fe etchegn) + 1 =8+ @' sz = ki) |

Ar— e =B +r) Edi (12)

Details and the equilibrium system are in Appendix B.

Inspection of the optimality conditions of the two models shows that the two
mechanisms work through the Euler equation for foreign bonds.® In the EDF model
the Euler equation incorporates the level of consumption (Eq. (10)), whereas in the
DEIR model the same equation incorporates the level of foreign debt (Eq. (12)).
Absent credit frictions, the two models deliver identical solutions under an appro-
priate parameterization (see below). By contrast, when the economies are financially
constrained, the positive shadow cost of relaxing the constraint reduces the discount
factor in the EDF model, whereas it reduces external debt in the DEIR model. In par-
ticular, under a binding collateral constraint, the Euler equations (9) and (10) in the
EDF model imply that a lower discount factor (or a lower degree of patience) leads to
a fall in capital and output. On the other hand, the Euler equations (11) and (12) in the
DEIR model imply that a lower external debt leads to lower interest rates and hence
a crowding in of capital that stimulates output. Therefore, the non-equivalence result
in the presence of binding collateral constraints has to do with the different ways in
which the two mechanisms induce stationarity in the SOE model. This is a qualitative
property that does not depend on the choice of structural parameters or functional
forms. All this is confirmed below both in the steady state and the transition.

3 Numerical Solutions and Main Results

In this section, I perform a comparison of the EDF and DEIR models in the presence
of collateral constraints. Put it differently, I examine whether the implications of
binding credit constraints depend on the way stationarity is induced.

I will start by parameterizing the models. Then, to demonstrate the mechanisms
behind the dynamics of two models, I will compare their steady state solutions as
well as their transition dynamics as measured by impulse response functions (IRFs)
of the main macroeconomic variables in response to a temporary adverse shock to
TFP. To account for an occasionally binding collateral constraint along the transition,
I will compute the models employing the toolkit proposed by Guerrieri and Iacoviello
(2015).°

8See also the Introduction in SGU.

Using the methodology by Guerrieri and Tacoviello (2015) T derive piecewise linear solutions of the two
models. Since the solutions are linear, they fail to capture the precautionary savings motive induced by the
risk of a binding collateral constraint in any future date.
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Table 1 Baseline parameter values

Parameter Value Description

o 0.32 Share of capital

) 0.1 Rate of capital depreciation

y 2 Elasticity of intertemporal substitution
B 0.96 Discount factor in DEIR

10} 1.455 Disutility of labor

¢ 0.028 Adjustment cost parameter of physical capital
¥ 0.11 Elasticity of discount factor in EDF

Yo 0.000742 Risk premium parameter in DEIR

d 0.7442 Foreign debt threshold in DEIR

r 0.04 Risk-free interest rate on foreign assets
K 0.2 Collateral constraint parameter

P 0.537 Persistence of TFP

O 0.0134 Standard deviation of TFP

3.1 Parameter Values

To help comparability, I set all structural parameters of the two models, other than the
collateral constraint parameter «, at the values used by SGU. Under this parameteri-
zation, and absent financial frictions, the two economies are identical. When I switch
on the collateral constraint, the value of « is set at 0.2 as in Korinek and Mendoza
(2014). With respect to the exogenous stochastic variable of TFP, I set p = 0.537
and o, = 0.0134 as in Mendoza (2010) who studied the Mexican sudden stop event.
Parameter values are listed in Table 1.

3.2 Steady State Results

Given the parameter values in Table 1, I solve for the steady state of the finan-
cially constrained and unconstrained regimes for both the EDF and the DEIR models.
Solutions for the main macroeconomic variables, {y, c, h,i,k,d, tb/y, ca/y}, are
reported in Table 2.1°

When the financial constraint is not binding, the EDF and DEIR models deliver
the same steady state solutions (see columns (1a) and (2a)); this is as in SGU. On
the other hand, the solutions of the two models differ substantially when the finan-
cial constraint is binding (see columns (1b) and (2b)). As discussed at the very end
of Section 2.3, the differences between the constrained regimes of the two models
arise due to the fact that the Euler equation for foreign bonds determines the steady
state value of the endogenous discount factor in the EDF model, whereas, in the
DEIR model, the same equation determines the steady level of external debt.!! This

10A5in SGU, 1 define the current account-to-GDP ratio as % = d’%fd’,

'The qualitative predictions of the two models do not depend on the specific parameterization. Only
the magnitude of relative changes is sensitive to parameterization. For example, the differences between
the constrained regimes of the two models would be bigger under a higher value of the parameter v in
the EDF model, a lower value of the parameter d in the DEIR model, or a lower value of the collateral

parameter k.
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Table2 Steady state solutions

EDF DEIR
Variable Description Unconstrained Constrained Unconstrained Constrained
(la) (1b) (2a) (2b)
¥ Output 1.4865 1.4841 1.4865 1.4866
c Consumption 1.1170 1.1181 1.1170 1.1197
h Hours 1.0074 1.0063 1.0074 1.0075
i Investment 0.3398 0.3389 0.3398 0.3398
k Capital 3.3977 3.3886 3.3977 3.3983
d Foreign debt 0.7442 0.6777 0.7442 0.6797
th/y Trade balance as 0.02 0.0183 0.02 0.0183
a share of GDP
caly Current account 0 0 0 0
as a share of GDP

difference produces the macroeconomic results already discussed above and which
are confirmed by the numerical solutions in Table 2. Namely, when the financial
constraint binds, in the EDF model, households are less patient and the steady state
values of output, investment and hours of work decrease relative to the unconstrained
regime; in the DEIR model, these results are reversed.

3.3 Transition Results

In this section, I study the dynamic evolution of both models in response to a nega-
tive one-standard-deviation TFP shock. Specifically, I assume that the two economies
start at the financially unconstrained steady state as solved above and are hit by a tem-
porary adverse one-standard-deviation TFP shock. I use the methodology of Guerrieri
and lacoviello (2015) to capture the occasionally binding financial constraint after
the departure from the unconstrained steady state solution.

3.3.1 Baseline Simulations

Without collateral constraints, the IRFs of the two models coincide (see Appendix C
for details).12 On the other hand, inspection of the IRFs in Fig. 1 with collateral
constraints, implies the following. Although, the transition paths in both models are
qualitatively close indicating the typical costs of a negative TFP shock (namely a
fall in output, capital and hours of work, being combined with debt-deleveraging
and a short-lived improvement of the trade balance), the contractionary effects of
this shock are quantitatively stronger and more persistent in the EDF model relative
to the DEIR model. Specifically, in the EDF model, the external debt-to-GDP ratio
decreases sharply and the fall in capital and investment is almost double as compared

128ee also Schmitt-Grohé and Uribe (2003) and Kim SH and Kose A (2003).
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Fig. 1 Effects of a unit negative TFP shock in % deviations from the steady state

to the respective dynamics in the DEIR model. In addition, in the EDF model, the
lower discount factor induces a further reduction in output, consumption and hours
of work as observed during sudden stops. On the other hand, in the DEIR model, the
lower foreign interest rate faced by domestic households, which co-moves with the
level of foreign debt, mitigates the adverse impact on investment and allows agents
to better smooth out the adverse effects of the negative shock.

3.3.2 Sensitivity Analysis

The quantitative differences and implications of the two models depend on the param-
eterization employed. Specifically, while the EDF mechanism continues to induce
higher amplification in the responses of the macro-aggregates to the negative TFP
shock, the divergence between the IRFs of the two models is sensitive to changes in
parameter values. To show this, I check the sensitivity of my results to changes in the
value of the collateral constraint parameter, «, other things equal. In particular, I com-
pute the response functions to a negative one-standard-deviation TFP shock when the
collateral constraint parameter is set at say 0.18, instead of 0.2 which was the case
in the baseline simulations. To better illustrate the divergence between the equilib-
rium dynamics of the two models, Fig. 2 plots the differences between the IRFs of
the two models under the baseline parameterization (grey dotted line) and compare
them against the case of a lower collateral threshold (black line).
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Fig.2 Differences between the response functions of EDF and DEIR model to a unit negative TFP shock
in % deviations from the steady state

Inspection of the differences between the transition paths of the two models in
Fig. 2, implies that a tighter borrowing constraint results in a higher divergence
between the dynamic responses of the two models to a negative TFP shock. In partic-
ular, when the economy is hit by a temporary adverse TFP shock, the contractionary
effects are quantitatively bigger and last longer under the EDF channel, and these
adverse effects become stonger as the value of k¥ decreases meaning that the borrow-
ing constraint gets tighter.!3> Under both values of «, the EDF mechanism seems to
bring a financially constrained small open economy closer to the stylized facts.

4 Conclusions

In this paper, I added a collateral constraint to a small open economy model with
an endogenous discount factor (EDF) or a debt-elastic country interest rate (DEIR).
The main result is that the presence of financial constraints breaks the equivalence
between the EDF and the DEIR model and, more generally, breaks the celebrated

13This result remains robust even under a different assumption on the borrowing limit, e.g. when it is a
function of aggregate per capita consumption, like in Korinek and Mendoza (2014).
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result of being indifferent about the way of making the small open economy model
stationary. The real economic activity is affected by which stationarity-inducing
mechanism we use.
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Appendix A : A Model with an Endogenous Discount Factor

A.1 Functional Forms

For my numerical solutions, I use the following functional forms for preferences as
in SGU:

(e —o 'h?)' " =1

-y

~ - ~\"V
B (Cz, hz) = (1 +cr — a)ilh;‘)) l

U(cr, b)) =

O (ks — k) = %(kz+1 k)i >0

where y, Y1 and ¢ are constant parameters.
A.2 Household’s Optimality Conditions

Each domestic household chooses {c;, h;, i;, ki+1, d; };’20, SO as to maximize the util-
ity function (1) subject to the Eqgs. 2-5, the collateral constraint, Eq. 8, and the
definition of the endogenous discount factor, Eq. 6, in the main text. The optimality
conditions of the households are:

A = Ue (¢, hy) (13)
— U (ct, hy) = M AL Fy (ke By) (14)
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A (1 + @' (ki1 — kt)) — KWy =
= B (T 1) Eihip [At+1Fk Kist, hit) +1 =8+ @ (ko — kt+l)]
M=t =B (. b)) (L +7) Eids (16)

15)

A.3 Macroeconomic Equilibrium

I solve for a symmetric equilibrium in which all households are alike ex post. Thus,
in equilibrium the individual and aggregate variables are identical:

Ct =E} (17
hy = h, (18)

The equilibrium system can be summarized by the following 9 equations in 9
endogenous variables {c;, h;, iy, ki1, di, Ary sy y,,@,H}fio, given the exogenous
variable {A,} and the initial stocks kg, dp.

A = U (¢, hy) (19)
—Upn (et hy) = M AL Fy (ke ) (20)
M (1@ it = k) = ey = o
= B (et ) Evdast [Are Fic Gk i) + 1= 8+ 0 (hiyz = ki)
A= =B (cr,h) (1 +71) Erhy (22)
di =0 +r)ydi—1 —yr+c +ir + P (k1 — kt) (23)
kiv1r =i+ (1 —=8)k (24)
yi = AiF (ki hy) (25)
we (dy — ki) =0 (26)
Or+1 = B (cr, hy) O (27)

Appendix B: A Model with a Debt-Elastic Interest Rate
B.1 Household’s Optimality Conditions

Each household chooses again sequences of consumption, hours, investment, capital
and one-period international bonds,{c;, h;, i;, ki+1, d,+1};’io , SO as to maximize the
utility function (1) subject to the Eqs. 2-5, the collateral constraint, Eq. 8, and the
definition of the endogenous interest rate premium, Eq. 7, in the main text. I use the
same functional forms as described in the previous section. The optimality conditions
are:

© = U (¢ct, hy) (28)
—Uc(ct, hy) = M A Fy (ks hy) (29)
M (14 @ (it = k) = ey = 0
= BEtA+1 [Az+1 Fi kit heg) +1 =8 + @ (ks — kt+l)]
A — e =B +11) Ethey (31
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B.2 Macroeconomic Equilibrium

I solve for a symmetric equilibrium in which all households are alike ex post. Thus,
in equilibrium the individual and aggregate variables are identical:

dt = dt (32)

The equilibrium system can be summarized by the following 9 equations in
9 endogenous variables {c;, h;, i, ki1, dr, ey Ary s y,};’io, given the exogenous
variable {A;} and the initial stocks kg, dp.

A =Ue (¢, hy) (33)

—Uc(cryhy) = MAFy (ke hy) (34)

A (1 1@ (kst — kt)) — Kty =

/ (35)
= BEids1 [Act Fe (it hee) + 1= 8+ @' (a — ki)
A= =B +r) Ehg (36)
di =0 4+r—1))di—1 — yi + ¢ + i + D (kyp1 — kt) 37
kiy1=1ir+ 0 —8)k; (38)
v = A F (ke hy) 39)
we (dy — kkip1) =0 (40)
ro=r ety (@0 1) (1)

Appendix C: Transition Dynamics Without Collateral Constraints

In this Appendix I plot the transition dynamics of the frictionless EDF and DEIR
models, driven by a temporary one-standard-deviation negative TFP shock. Inspec-
tion of the IRFs imply that, absent collateral constraints, the two models yield
identical dynamics.
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Fig.3 Effects of a unit negative TFP shock without collateral constraints in % deviations from the steady
state

References

Aiyagari SR, Gertler M (1999) “Overreaction” asset prices in general equilibrium. Rev Econ Dyn 2(1):3-35

Calvo GA (1998) Capital flows and capital market crises: the simply analytics of sudden stops. J Appl
Econ 1:35-54

Guerrieri L, Tacoviello M (2015) Occbin: A toolkit to solve models with occasionally binding constraints
easily. J Monet Econ 70:22-38

Kiyotaki N, Moore JH (1997) Credit Cycles. J Polit Econ 105(2):211-248

Kim SH, Kose A (2003) Dynamics of open economy business cycle models: understanding the role of the
discount factor. Macroecon Dyn 7(2):263-290

Korinek A, Mendoza GE (2014) From sudden stops to fisherian deflation: quantitative theory and policy.
Ann Rev Econ Ann Rev 6:299-332

Lorenzoni G (2014) International financial crises. Handb Int Econ 4:689-740

Mendoza EG (1991) Real business cycles in a small-open economy. Am Econ Rev 81:797-818

Mendoza EG (2002) Credit, Prices, and Crashes: Business Cycles with a Sudden Stop. In: Frankel JA,
Edwards S (eds) Preventing Currency Crises in Emerging Markets. University of Chicago Press,
Chicago, pp 335-392

Mendoza EG (2010) Sudden stops, financial crises and leverage. Am Econ Rev 100(5):1941-1966

Philippopoulos A, Varthalitis P, Vassilatos V (2017) Fiscal consolidation and its cross-country effects. J
Econ Dyn Control 83:55-106

Schmitt-Grohé S, Uribe M (2003) Closing small open economy models. J Int Econ 61:163-185

@ Springer



738 V. Dimakopoulou

Uribe M, Yue VZ (2006) Country spreads and emerging countries: who drives whom? J Int Econ 69(1):6-36
Uribe M, Schmitt-Grohé S (2017) Open economy macroeconomics. Princeton University Press, Princeton
Wallace N (1981) A Modigliani-Miller theorem for Open-Market operations. Am Econ Rev 71(3):267-274
Walsh CE (2017) Monetary theory and policy. MIT Press, Cambridge

Publisher’s Note Springer Nature remains neutral with regard to jurisdictional claims in published maps
and institutional affiliations.

@ Springer



	Stationarity-Inducing Techniques in Small Open Economy Models...
	Abstract
	Introduction
	A Small Open Economy Model
	Baseline Non-Stationary Model
	Making the Model Stationary
	Adding a Simple Financial Constraint

	Numerical Solutions and Main Results
	Parameter Values
	Steady State Results 
	Transition Results 
	Baseline Simulations
	Sensitivity Analysis


	Conclusions
	Appendix A : A Model with an Endogenous Discount Factor
	A.1 Functional Forms
	A.2 Household's Optimality Conditions
	A.3 Macroeconomic Equilibrium
	Appendix B: A Model with a Debt-Elastic Interest Rate
	Appendix:  B: A Model with a Debt-Elastic Interest Rate
	B.1 Household's Optimality Conditions
	B.2 Macroeconomic Equilibrium
	Appendix C: Transition Dynamics Without Collateral Constraints
	Appendix:  C: Transition Dynamics Without Collateral Constraints
	References




