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In the paper we investigated asymptotic formulas related to the number of
zeros of the derivative of the Selberg zeta-function on cocompact hyperbolic
surface. Several constants in these formulas are wrong. The main problem
was the constant 2π omitted in the formula of Proposition 8. All results were
derived using this proposition. We thank Makoto Minamide for pointing out
these mistakes. Here, we formulate our statements with corrected formulas and
indicate other inaccuracies.

Theorem 1.

N1(T ) =
area(Γ\H)

4π
T 2 − log N(P00)

2π
T + o(T ).

Formula (2.1) should be

N0(T ) =
area(Γ\H)

4π
T 2 + O

(
T

log T

)
.

Theorem 2.
∑

1<γ≤T

(
β − 1

2

)
=

T

2π
log T +

T

2π
log

area(Γ\H)
√

N(P00)
em0Λ(P00)

+ o(T ).

Theorem 4.

#{tj : 0 < tj ≤ T} = N1

(
1
2
, T

)
+

T

2π
log N(P00) + o(T ).

Here ordinates tj are counted without multiplicities.
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Corollary 5. For any fixed ε > 0,

#
{

β + iγ : Z ′(β + iγ) = 0,
1
2

≤ β <
1
2

+
log1+ε T

T
, 0 < γ ≤ T

}
∼ N1(T ).

Lemma 6. For t > 0,

f(s) = exp

(
2πi(g − 1)

(
s − 1

2

)2

+
πi(g − 1)

6
+ O

(
σ2 + |σt|

e2πt

))

uniformly in σ.

Proof of Lemma 6 contains the obvious arithmetical mistake.

Lemma 7. Let ε > 0 and σ0 > 1. Then

Z ′(σ + iT ) �

⎧⎪⎪⎨
⎪⎪⎩

exp (εT ) for
1
2

≤ σ ≤ σ0,

exp
(

area(Γ\H)
(

1
2

− σ + ε

)
T

)
for σ ≤ 1

2
.

In the proof of Lemma 7 the formula

“Z(σ + iT ) � exp
((

1
2

− σ + ε

)
T

)
for σ ≤ 1

2
”

should be changed to

“Z(σ + iT ) � exp
((

1
2

− σ + ε

)
area(Γ\H)T

)
for σ ≤ 1

2
”.

Proposition 8. Let 0 < a < 1/2 and 2 < t0 < 3. Then

2π
∑

β>−a
t0<γ≤T

(β − a) =
(

1
2

− a

)
area(Γ\H)

2
T 2 + T log T − T (log(m0Λ(P00))

−a log N(P00)) + T (log(area(Γ\H)) − 1) + o(T ).

In the proof of Proposition 8 formula (3.3) should be

I1 =
(

1
2

− a

)
area(Γ\H)

2
T 2 + T log T − T (log(m0Λ(P00)) − a log N(P00))

+T (log area(Γ\H) − 1) +

T ′∫
t0

log |Z(1 − a − it)|dt + O(log T ).
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Proof of Theorem 2. Remembering that Z ′(s) can have only finitely many
nontrivial zeros in σ < 1/2, from Proposition 8 and Theorem 1 we obtain
∑

1<γ<T

(
β − 1

2

)
=

∑
1<γ<T

(β − a) −
(

1
2

− a

) ∑
1<γ<T

1

=
(

1
2

− a

)
area(Γ\H)

4π
T 2 +

T

2π
log T − T

2π
(log(m0Λ(P00))

−a log N(P00)) +
T

2π
(log(area(Γ\H)) − 1)

−
(

1
2

− a

)(
area(Γ\H)

4π
T 2 − T

2π
log N(P00)

)
+ o(T ).

Proof of Corollary 5. Function Z ′(s) has only finitely many nontrivial zeros in
σ < 1/2. Using Proposition 8 we see, that

∑
1<γ≤T

β≥ 1
2 + log1+ε T

T

1 ≤
∑

1<γ≤T

β≥ 1
2 + log1+ε T

T

β − 1
2

log1+ε T
T

� T 2

logε T
= o(N1(T )).
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