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Abstract The identity-by-descent (IBD) based variance
component analysis is an important method for mapping
quantitative trait loci (QTL) in outbred populations. The
interval-mapping approach and various modified versions
of it may have limited use in evaluating the genetic vari-
ances of the entire genome because they require evaluation
of multiple models and model selection. In this study, we
developed a multiple variance component model for gen-
ome-wide evaluation using both the maximum likelihood
(ML) method and the MCMC implemented Bayesian
method. We placed one QTL in every few cM on the entire
genome and estimated the QTL variances and positions
simultaneously in a single model. Genomic regions that
have no QTL usually showed no evidence of QTL while
regions with large QTL always showed strong evidence of
QTL. While the Bayesian method produced the optimal
result, the ML method is computationally more efficient
than the Bayesian method. Simulation experiments were
conducted to demonstrate the efficacy of the new methods.
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Introduction

Identical-by-descent (IBD) based variance component
method is often used to map quantitative trait loci (QTL)
for outbred populations (Goldgar 1990; Amos 1994). The
commonly used method is the interval mapping where two
markers are used at a time to infer the IBD matrix for any
positions bracketed by the two markers (Fulker and Cardon
1994). The model usually contains one QTL and a poly-
genic effect so that the variance of the QTL, the polygenic
variance and the residual variance are the only variance
components to be estimated. If multiple QTL exist, this
interval mapping approach will produce biased estimate for
the QTL variance. When the entire genome is scanned, the
total genetic variance (sum of all variances of detected
QTL) is often greater than the total phenotypic variance.
This phenomenon always occurs in interval mapping,
regardless whether the random model for an outbred pop-
ulation or the fixed model for a line cross is used. The
reason for that is that QTL effects or QTL variances of
different locations are estimated using different models. To
scan the entire genome, multiple analyses are conducted,
one for each putative location. None of the single QTL
models is correct if multiple QTL exist. Therefore, the
optimal method should be a multiple variance component
model in which all QTL are included in a single model.
Multiple variance components may be difficult to esti-
mate if the number of QTL included in the model is
extremely large. However, the popular MCMC imple-
mented Bayesian method is designed to handle large sat-
urated models and it is the ideal method for multiple
variance component estimation (Uimari and Hoeschele
1997). The maximum likelihood method may also be suf-
ficient to handle large saturated models under the random
model framework; we just never thought of placing one

@ Springer


http://dx.doi.org/10.1007/s10709-010-9497-1

1100

Genetica (2010) 138:1099-1109

QTL in every few cM of the genome. Meuwissen et al.
(2001) first attempted to evaluate the entire genome using a
high dense marker map under the popular Bayesian
approach. Their method actually treats the positions of
QTL as fixed and only estimates the QTL variances and
other parameters. Meuwissen et al. (2001) placed many
QTL in the model. As a result QTL positions may not be
relevant because the whole genome is already well covered
by the proposed QTL. Yi and Xu (2000) used the reversible
jump MCMC to infer the number of QTL under the random
model framework. Only large QTL were eventually
included in the model and the entire genome may not be
evaluated thoroughly due to the slow mixing behavior of
the reversible jump MCMC.

In this study, we proposed to cover the entire genome by
QTL and estimated the QTL variances simultaneously
within a single model. As long as the extra QTL placed in
regions of the genome that do not contain QTL have esti-
mated QTL variances close to zero, we can put as many
QTL as we want to make sure that the entire genome is
evaluated fairly. We investigated both the ML method and
the Bayesian method and showed the pros and cons of each
method.

Methods
Linear model and likelihood

Consider N independent families and the size of the jth

family is n; for j = 1, ..., N. For simplicity, let us assume
that the family size is constant across families so that
nj=n for all j =1, ..., N. Assume that we want to put

M quantitative trait loci (QTL) in the linear model
described below,

M
yi=lu+> vt (1)
k=1

where y; is an n x 1 vector for the phenotypic values of a
quantitative trait for family j, p is the population mean of
the trait, 1 is an n x 1 unity vector, y; is an n x 1 vector
for the additive genetic effects (breeding values) for family
j at the kth QTL and ¢; is an n x 1 vector for the envi-
ronmental effects. The number of QTL proposed in the
model is not the actual number of QTL but a larger number
determined by the investigator based on the size of the
genome, the marker density and the population size. If the
marker density is not high, say one marker in every 10
centiMorgan (cM), the number of proposed QTL can take
the number of markers. If the marker density is high, we
may choose to place one QTL among a few markers. If the
marker density is low, we may insert virtual markers
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between two consecutive markers. The bottom line is to put
one QTL in every d cM. The number of QTL proposed
should be sufficiently large to make sure that the entire
genome is well evaluated without any large gaps. If a
proposed QTL is nearby a true QTL, the effect of the true
QTL will be absorbed by the proposed QTL. If a proposed
QTL is further away from a true QTL, its estimated effect
will be close to zero.

The expectation and variance—covariance matrix of y;
are

E(y) = 1u (2)
and
M
var(y;) = V; = Y yop + 1o (3)
k=1

respectively, where Il is an n x n IBD matrix for the jth
family at the kth QTL, o7 is the genetic variance for the kth
QTL and ¢? is the environmental error variance. Assume
that 7;, ~ N(0, ILyo}) and & ~N(0,10?), the log likelihood
function for the jth family is

1 1 _
Li(0) = —5ln \4 _E(yj — 1)V (- 1) (4)

where 0 = {u, 63, ...,03,,6°} is the parameter vector. The
overall log likelihood function for the entire population is
1Y 1Y
LO)==5D Vil =53 = 10"V (3 = 1)
J=1 J=1

(5)

Maximum likelihood estimation

The challenge for the genome-wide evaluation is that, for a
large genome, the number of proposed QTL can be very
large and majority of the proposed QTL should have esti-
mated variance components close to zero. This will cause
problems in the parameter estimation. The EM algorithm is
the first candidate method for the variance component model
(Thompson and Shaw 1990). However, it is sensitive to the
initial values of the parameters. We cannot choose zero as
the initial value for O’%, although most 6,% are in fact zero.
Other initial values are hard to choose. Therefore, we decide
to directly maximize the log likelihood function using a
sequential approach by updating one variance component at
a time, conditional on the values of all other variance
components. When a single variance component is consid-
ered, maximizing the log likelihood function is a one-
dimension problem; the bisection or any other simple
algorithm can be used when one parameter is updated. When
all parameters are updated, we go back to the first parameter
and update the value again. The sequential algorithm
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requires iterations nested within other iterations until a
certain criterion of convergence is satisfied. The iterations
within an iteration are called the inner iterations while the
iterations outside are called the outer iterations. This algo-
rithm requires more iterations than an algorithm that updates
all parameters simultaneously, but choosing the initial value
for the parameter of interest becomes trivial, i.e., 0,% = 0Ocan
be used as initial for all k= 1,...,M. The sequential
and |V
are calculated only once for each outer iteration. For large
family sizes, much of the computing burden comes from
calculating Vj’1 and |V;|. Therefore, the sequential algorithm

approach of Xu (2007) was adopted here, where Vj’1

can save computing time substantially, in addition to ease
the choice of initial values.

Estimation of QTL positions

The fixed position approach described previously requires a
full coverage of the genome by the proposed QTL. We now
introduce a method that can update the positions of the
proposed QTL. When the QTL positions are estimated, we
can place a smaller number of QTL but still maintain a
high probability that regions containing true QTL are vis-
ited frequently by the proposed QTL. Let A, be the position
of the kth proposed QTL for k = 1, ..., M. The parameter
vector is now defined as

Jp 0} (6)

The QTL positions can move along the genome, but the
order of the QTL remains unchanged, as denoted by
A1 < Z3...< Zpr The connection between the log likelihood
function and the QTL positions is through the IBD
matrices. We first calculate the IBD matrix for each
putative position of the genome (Gessler and Xu 2000). If a
QTL moves to a new position, the IBD matrix for the new
position is used to evaluate the log likelihood function. The
search for QTL positions is also sequential, i.e., we update
one position at a time, given positions of all other QTL. For
the kth QTL, we use a grid search between /;_; and A;
with 2 cM increment. When the iterations converge, all
parameters, including the QTL positions, will remain
unchanged. We now have the MLE of all parameters,
including the MLE for the QTL positions.

2 2
0={u,07, .05 A5

Bayesian estimation of parameters

The maximum likelihood method provides a point estimate
for each parameter. The main purpose of the genome
evaluation is to examine the entire genome for possible
association with a quantitative trait. The Bayesian method
is adopted here because it gives a chance to evaluate every
putative location of the genome. To compare the Bayesian

method with the maximum likelihood method, we choose
uniform prior for each parameter, including the population
mean, the variance components, QTL positions and the
environmental variance. The prior distribution for 4; is also
uniform but within the range defined by 4;_; < Az < Ax4 1.
The posterior distribution for the population mean is nor-
mal with mean

N
o

and variance

[Z 1TV,~1y/] (7)
=

—1

var(u [Zl 43 11] (8)

from which a realization of u is sampled. Other parameters
do not have explicit forms of a distribution, and thus they
are sampled based on the Metropolis-Hastings rule
(Metropolis et al. 1953; Hastings 1970). For each of the
parameters sampled using the M-H rule, the proposal
distribution is a uniform distribution centered in the
parameter value of the previous cycle. For example, the
proposed value of J; in cycle ¢t + 1 is

(¥)

=4 +u 9)
where
plu) = Uu|z — 8,2 — ) (10)

and ¢ is a small positive number, say 6 = 2 cM. If /; is

accepted, /»,((’H = )Lk, otherwise, /1 (1) —)

uations, the Metropolis algorithm is sufﬁc1ent, but when
the value of a parameter is near the boundary, the Hastings
adjustment is required to ensure that the parameter is not
trapped to a fixed point. For the sampling of QTL position,
the Hastings adjustment can be found in Wang et al.
(2005). The variance component for each QTL is bounded
between zero and the phenotypic variance present in the
data, where zero is a legal value of the variance compo-
nent. The residual variance is also bounded between zero
and the phenotypic variance present in the data, but zero is
excluded. The posterior sample consists of the observations
after burn—in deletion and chain thinning.

In addition to the uniform prior for each variance
component, we also considered the following hierarchical
prior distribution for the QTL variances. The following

. In most sit-

exponential distribution was assigned to o7,
2

2y T T 2
ploglt) = Sexp( —5 0% (11)
where the parameter 7> was also assigned a Gamma prior,

- ()" exp(—b7?) (12)

) b
P(@la.b) = F3
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The values of the hyper parameters @ > 0 and b > 0 can
be chosen arbitrarily, e.g. (a,b) = (0.5, 0.1).

Results
Setup of simulation experiments

We designed the following simulation experiment to
evaluate the performance of the proposed ML and Bayes-
ian methods. We simulated a single large chromosome of
1,000 cM in length. The genome was covered by 101
evenly spaced markers with 10 cM per marker interval.
The population size was N x n = 500 x 3 = 1,500. The
parental alleles of markers were randomly sampled from
five different alleles with an equal frequency. Eight QTL
were placed in the genome with positions and QTL vari-
ances shown in Table 1. The parental alleles of the QTL
were sampled from an infinite number of alleles, i.e., each
parental allele was different from any other parental alleles.
The genetic effect of the kth QTL was the sum of the two
allelic effects while each allelic effect was sample from
N(0,10?). The positions of these simulated QTL varied in
terms of distances from the nearest markers, some over-
lapping with a marker and some residing in the middle of
an interval bracketed by two markers. The heritability of an
individual QTL (proportion of the phenotypic variance
contributed by the QTL) ranged from 0.30 to 40.0%. The
overall mean and the residual variance were set at u = 10
and o® = 1.0, respectively. The overall proportion of the

phenotypic variance contributed by all the eight QTL was
79.78%.

The simulation experiment with this setup is called the
standard setup. Some parameters were eventually altered
relative to the standard setup in the extended simulation
experiments. For example, the marker density was later
decreased from 10 cM per interval to 20 and 40 cM per
interval. The sampling strategy was also extended to
750 x 2 =1,500 and 375 x 4 = 1,500. When one
experimental parameter was altered, the remaining
parameters were fixed at the values in the standard setup.

Results of data analysis
Standard setup

Under the standard setup (10 cM per marker interval and 3
siblings per family), we simulated one dataset, which was
analyzed under the following three models: (a) 10 proposed
QTL, (b) 20 proposed QTL and (c) 40 proposed QTL. The
real number of QTL is eight, which is smaller than the
proposed number of QTL in all situations. The maximum
likelihood method was used to analyze the data. The QTL
positions were also treated as parameters and were sear-
ched along with other parameters. The estimated QTL
variance and the positions are shown in Fig. 1. All three
models have correctly identified the three largest QTL, i.e.,
QTL whose contributions to the phenotypic variance are
greater than or equal to 10%. The Akaike’s information
criterion (AIC) is a simple and very useful criterion for

Table 1 Comparison of the multiple variance component model with the interval mapping approach under the standard setup

True parameter Estimated parameter

Multiple variance components

Interval mapping

Position Variance Heritability Position Variance Power Heritability Position Variance Power Heritability
(%) (%) (%) (%) (%)

45 1.980 40.00 47.0 3.2) 1.485(0.296) 100 29.5 (5.8) 479 (2.6) 1.856 (0.306) 100 38.2 (5.5)
235 0.990 20.00 234.6 (7.0)  0.707 (0.266) 100 14.1 (5.3) 2384 (43) 1.184 (0.277) 97 24.8 (5.4)
340 0.495 10.00 338.9 (10.0) 0.431 (0.206) 85 85(4.0) 342.1 9.2) 0.969 (0.222) &4 20.7 (4.6)
440 0.248 5.00 4394 (12.1) 0.323 (0.180) 71 6.4 (3.6) 440.7 (11.4) 0.847 (0.174) 54 18.2 3.4)
640 0.124 2.50 637.7 (11.6) 0.272 (0.189) 63 54 (3.7) 638.7(13.4) 0.868 (0.168) 46 18.5 (3.2)
740 0.062 1.25 737.0 (13.7) 0.251 (0.196) 45 5.0 (4.0) 741.2 (143) 0.831 (0.184) 41 17.8 (3.8)
835 0.031 0.62 832.5 (10.2) 0.181 (0.123) 52 3.6 (24) 8382 (12.7) 0.825(0.127) 39 17.6 (2.7)
940 0.015 0.30 937.5 (13.1) 0.281 (0.161) 41 5.5@3.1) 942.1 (15.3) 0.792 (0.133) 39 17.0 (2.9)
Residual 1.000 0.448 (0.162) -

variance
Phenotype  4.945 5.032 (0.229) -

variance
Number of 98.6 (24.6) -

iterations

The means and standard deviations (in parentheses) of the estimates are calculated from 100 replicated simulation experiments
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Fig. 1 The estimated QTL a

variances and positions along
the genome under three
different models: a 10 proposed
QTL, b 20 proposed QTL and
¢ 40 proposed QTL. The true
locations and variance of eight
simulated QTL are also shown
in the plots
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selecting the best model among alternative models (Wada
and Kashiwagi 1990). The AIC values for the three models
(10 QTL, 20 QTL and 40 QTL) are 3,851.81, 3,879.45 and
3,922.46, respectively. The minimum AIC occurs for the
model with 10 proposed QTL, and thus this model is the
best. However, in real data analysis, the actual number is
unknown and the proposed number of QTL is often larger
than the true number of QTL. The extra QTL placed in the
model should be closed to zero for the estimated QTL
variances and this has been demonstrated by Fig. 1, where

Map position (cM)

all the superfluous QTL have very small estimated vari-
ances unless they are close to a true large QTL. Therefore,
it is safe to place more QTL in the model than the actual
number of QTL and let the program shrink the superfluous
QTL to zero. When the proposed number of QTL is too
big, a real large QTL may be split by two or more proposed
QTL in the neighborhood of the true QTL, as demonstrated
in Fig. 1b ,c. This presents no problem because we can
choose more appropriate model among a few different
models with the AIC criterion.
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We now further extend the analysis by including 100
proposed QTL in the model. Under this analysis, we
investigated two situations: (a) the positions of the 100
proposed QTL were estimated along with the QTL vari-
ances, labeled “100 moving”; (b) the positions of the 100
proposed QTL were fixed and evenly placed along the
genome, labeled “100 fixed”. The estimated QTL variances
and their locations are demonstrated in Fig. 2. Both meth-
ods work very well regarding the ability to identify large
QTL (contribution greater than 10%). Again, a large QTL is
often split by a few proposed QTL in the neighborhood of
the true QTL. This analysis shows that if a large number of
QTL are placed in the model, the positions of the proposed
QTL do not have to be estimated. The moving position and
fixed position approaches generate almost identical results.

To compare the result with the interval mapping of Xu
and Atchley (1995), we also analyzed the same dataset with
the interval mapping approach. The result is shown in
Fig. 3. The interval mapping only detected the two largest
QTL. The third largest QTL (10% contribution to the phe-
notypic variance) was not detectable while this QTL has
been detected by the multiple variance component model.

Under the standard setup (10 cM per interval and 500
family each with three siblings), we replicated the

Fig. 2 The estimated QTL a 24

experiment 100 times and each replicated dataset was
analyzed with two methods. One method is the multiple
variance component model proposed in this study, where
the proposed number of QTL included in the model was 20
and the positions of the 20 proposed QTL were also esti-
mated using the maximum likelihood method. The other
method is the interval mapping of Xu and Atchley (1995)
in which a single QTL and a polygenic effect were inclu-
ded in the model. Since the multiple variance component
model has no test for a chromosome location, we simply
examined the estimated QTL variance in the neighborhood
of a true QTL. When the estimated QTL variance in the
neighborhood (within 20 cM) of a true QTL is sufficiently
large (larger than any peek appearing in a non-QTL
region), the QTL was claimed to be detected. For each
simulated true QTL, the mean estimate and the standard
deviation across the 100 replicated simulations were cal-
culated. The empirical statistical power for each simulated
QTL was also calculated as the proportion of the replicated
experiments that the QTL was detected. It appears to be
subjective, but the multiple variance component model
usually provides very small estimated QTL variances for
regions that are not placed for any QTL. Therefore, any
region that has a noticeable estimated QTL variance
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Fig. 3 Likelihood ratio test 24 70
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Table 2 Estimated QTL parameters by the multiple variance component model under two extended family structures

True parameter Estimated parameter

N xn=750 x 2

N x n=350 x 4

Position Variance Heritability Position Variance Power Heritability Position Variance Power Heritability
(%) (%) (%) (%) (%)

45 1.980 40.00 46.5 (4.0) 1414 (0.326) 100 28.1 (6.4) 46.4 (2.7)  1.506 (0.221) 100 29.6 (4.3)
235 0.990 20.00 2349 (7.3) 0.670 (0.318) 89 133 (6.3) 2343 (54) 0.756 (0.227) 99 149 (4.4)
340 0.495 10.00 337.2 (10.2) 0.519 (0.277) 80 103 (54) 340.0(8.2) 0.445(0.171) 95 8.7 (3.3)
440 0.248 5.00 438.3 (11.9) 0.424 (0.215) 62 8.4 (43) 4393 (9.3) 0.284 (0.149) 80 5.6 (2.9)
640 0.124 2.50 635.6 (12.3) 0.288 (0.217) 46 5.7 (43) 640.0 (10.6) 0.209 (0.120) 66 4.1 2.3)
740 0.062 1.25 737.4 (12.1) 0.311 (0.208) 38 6.2 (4.1) 7358 (13.3) 0.226 (0.164) 53 44 (3.2)
835 0.031 0.62 831.0 (10.1) 0.299 (0.220) 35 59 @44) 834.1(9.6) 0.164 (0.096) 47 32 (1.9
940 0.015 0.30 937.0 (12.1) 0.314 (0.189) 30 6.3 (3.8) 936.7 (12.9) 0.154 (0.116) 53 3.0 (2.3)
Residual 1.000 0.395 (0.165) 0.467 (0.146)

variance
Phenotype  4.945 5.026 (0.216) 5.082 (0.220)

variance
Number of 124.4 (33.2) 101.3 (19.2)

iterations

The means and standard deviations (in parentheses) of the estimates are calculated from 100 replicated simulation experiments

indicates that a true QTL is nearby. For the interval map-
ping of Xu and Atchley (1995), the likelihood ratio test
statistic was used to claim the significance of a QTL. If an
estimated QTL variance nearby a true QTL (within 20 cM)
is significant, this QTL was claimed to be detected. The
estimated QTL variances and QTL positions for the interval
mapping are compared with those obtained from the mul-
tiple variance component model (see Table 1 for the com-
parison). Overall the multiple variance component model
performs better than the interval mapping. The interval
mapping provided biased (upward) estimates for all the
QTL variances, especially when the true QTL variance was
small. Because of the large biases for the estimated QTL
variances, they do not add up, i.e., the sum of all the esti-
mated QTL variances is greater than the total phenotypic
variance. Therefore, the multiple variance component
model outperforms the interval mapping approach.

We now extended the simulation to examine the effect
of different family structure on the result of the multiple
variance component model. The two additional family
structures were 750 x 2 and 375 x 4. Other parameter
settings were the same as the previous experiment, i.e.,
10 cM per marker interval and 20 proposed QTL included
in the model. The experiment was replicated 100 times.
The results are shown in Table 2. Result of struc-
ture 375 x 4 appears to be better that structure 750 x 2 in
terms of smaller estimation errors and higher statistical
power. Therefore, the multiple variance component model
performs better with small number of large families.

Further extension was made in terms of varying the marker
density given that other experimental parameters were the
same as those of the standard setup. We examined two more
different marker densities, one is 20 cM per marker interval
and the other is 40 cM per marker interval. The family
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Table 3 Estimated QTL parameters by the multiple variance component model under two extended marker densities

True parameter

Estimated parameter

20 cM 40 cM
Position Variance Heritability Position Variance Power Heritability Position Variance Power Heritability
(%) (%) (%) (%) (%)

45 1.980 40.00 43.8 (4.3) 1.423(0.386) 100  28.6(7.5) 41.7(7.1) 1.393(0.459) 100  28.3 (9.1)
235 0.990 20.00 236.7 (5.8) 0.794 (0.282) 99 16.0 (5.6) 236.6 (7.3) 0.891 (0.366) 95 18.1 (7.2)
340 0.495 10.00 340.7 (8.0) 0.444 (0.232) 91 8.9 (4.6) 339.3 (16.6) 0.458 (0.249) 73 9.3 (5.0)
440 0.248 5.00 440.2 (12.6) 0.380 (0.246) 73 7.6 (4.8) 4422 (16.1) 0.385 (0.212) 62 7.8 (4.3)
640 0.124 2.50 642.3 (12.3) 0.309 (0.167) 65 6.3 (3.4) 640.5 (16.7) 0.308 (0.236) 44 6.3 (4.8)
740 0.062 1.25 742.3 (14.0) 0.240 (0.159) 52 4.8 (3.1) 7373 (17.9) 0.247 (0.172) 44 5.1 (3.6)
835 0.031 0.62 834.0 (10.1) 0.218 (0.111) 30 44 (23) 840.8 (17.0) 0.314 (0.188) 25 6.4 (3.8)
940 0.015 0.30 943.0 (15.2) 0.233 (0.131) 42 4.7 (2.6) 939.9 (18.6) 0.297 (0.168) 48 6.1 (3.5)
Error variance 1.000 0.279 (0.168) 0.139 (0.156)

Phenotype variance 4.945

Number of
iterations

4.976 (0.208)
126.9 (22.4)

4.912 (0.210)
226.5 (123.2)

The means and standard deviations (in parentheses) of the estimates are calculated from 100 replicated simulation experiments

Fig. 4 MCMC implemented
Bayesian analysis with 20
proposed QTL in the model.
The uniform prior distribution is
assigned to each parameter.

a The top panel represents the
QTL frequency profile, b the
bottom panel represents the
estimated QTL variance profile
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structure was 500 x 3 and the proposed number of QTL was
20. The results are given in Table 3, showing that higher
marker density has improved the performance of the method.

@ Springer

Finally, we examined the MCMC implemented Bayes-
ian analysis for the simulated data in the standard setting.
Again, we placed 20 QTL on the genome. First, we used
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the uniform prior for each parameter, including the
variances and positions of proposed QTL. The first 2000
iterations were treated as burn-in and thereafter one
observation was saved in every 20 iterations to reduce the
serial correlation. The posterior sample contained 2,000
observations for post MCMC analysis. The result of the
MCMC implemented Bayesian analysis is shown in Fig. 4.
The frequency profile is shown in the top panel while the
QTL variance profile is shown in the bottom panel. The
estimated QTL variances are very close to the true values.
From Fig. 4b, we can see that all QTL but the two smallest
ones are detectable. This demonstrates the advantage of the
Bayesian method over the maximum likelihood method.
We further examined the MCMC implemented Bayesian
method under the hierarchical modeling with exponential
prior for each QTL variance and the parameter of the
exponential prior was further assigned a Gamma prior with
parameter a and b, Gamma(a,b). The result of Gamma(0.5,
0.1) is shown in Fig. 5. We also choose Gamma(0.5, 0.01)
and the result is given in Fig. 6. The hierarchical models
with two different sets of hyper parameters are similar to
each other, meaning that the choice of the hyper parameters
(a and b) does not have too much influence on the result.

Map position (cM)

These results (hierarchical modeling) are also similar to the
result of the uniform prior. Overall, the MCMC imple-
mented Bayesian analysis performs better than the ML
analysis. However, the ML method is computationally
more efficient that the Bayesian method.

Discussion

We examined two different methods for genome-wide
evaluation of QTL in outbred populations. The ML method
is an extension of the interval mapping of Xu and Atchley
(1995) to handle multiple QTL. The MCMC implemented
Bayesian method is an extension of the Bayesian shrinkage
analysis of Wang et al. (2005) for line crosses to outbred
populations. Similar random model methodology has been
proposed by Yi and Xu (2000) who used the reversible
jump MCMC algorithm for model selection. In Yi and Xu
(2000), the QTL number was treated as a parameter and
sampled along with other parameters. In this study, we
emphasize genome evaluation rather than QTL mapping.
The difference between genome evaluation and QTL
mapping is that the former tries to evaluate the entire

@ Springer
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genome, including regions that have no QTL, while the
latter emphasizes detecting regions of the genome that have
QTL. We purposely placed more QTL than necessary to
give the method a better chance to evaluate the entire
genome. For regions of the genome that contain no QTL,
the proposed QTL in those regions often have very small
estimated variances. Another advantage of the genome
evaluation is that it has avoided model selection, which is
still a hot topic for discussion in the literature (Kadane and
Lazar 2004).

We used multiple full-sib families as an example to
demonstrate the method. Extension to multiple compli-
cated pedigrees is straightforward, at least, theoretically
because the method requires only the IBD matrices for
each putative location of the genome. Methods to calcu-
late the IBD matrix using marker information are avail-
able for arbitrarily complicated pedigrees (Amos et al.
1990; Almasy and Blangero 1998). The programs Lokie
(Heath 1997) and SimWalk2 (Sobel et al. 2001) are the
most well known software packages for IBD matrix
calculation.

Surprisingly, the multiple variance component model
has very low false positive rate (also called the Type I
error). Although we did not actually calculate the Type I

@ Springer
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error in our simulation experiments, just by visual
inspection on the QTL variance profiles, we can see that
regions of the genome that contain no QTL rarely show any
noticeable peaks while regions with large QTL always
have strong signals. This observation implies that the
multiple variance component model has great power and
small Type I error. Of course, statistical power and Type I
error are concepts of frequentists, not of Bayesians.
Another surprising discovery is that the Bayesian method is
very robust to the prior choice for the QTL variance
components. We examined the uniform prior and hierar-
chical prior (exponential and Gamma), they all generated
similar results.

Finally, genome evaluation has two purposes: identify-
ing the regions of the genome for association with the
variance of a trait (similar to QTL mapping) and evaluating
the genetic effect for each individual animal or plant
(marker assisted selection). This study emphasizes the first
purpose. To estimate the genetic effects (breeding values)
for all individuals in a particular family, the best linear
unbiased prediction (BLUP) technology can be applied.
For example, to calculate the BLUP estimate for the kth
QTL for all individuals in the jth family, the following
BLUP equation can be used,
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"?jk = &J%ijvjil(yj —1i) (13)
The variance—covariance matrix of this BLUP estimate is
var(j;) = 63 (I — TV, ' T67) (14)

The overall breeding values for all members of the jth
family is

M
?j = Z”)A’jk (15)

k=1

Individuals can be ranked based on the estimated breeding
values and selected as candidates for breeding. This is
referred to as marker assisted selection.

Supplementary materials

The SAS/IML programs for the maximum likelihood
method and Bayesian method are posted on the journal
website along with sample data.

Acknowledgments We thank two anonymous reviewers for their
comments on an early version of the manuscript and suggestions on
the improvement of the manuscript. This project was supported by the
Agriculture and Food Research Initiative (AFRI) of the USDA
National Institute of Food and Agriculture under the Plant Genome,
Genetics and Breeding Program 2007-35300-18285.

Open Access This article is distributed under the terms of the
Creative Commons Attribution Noncommercial License which per-
mits any noncommercial use, distribution, and reproduction in any
medium, provided the original author(s) and source are credited.

References

Almasy L, Blangero J (1998) Multipoint quantitative-trait linkage
analysis in general pedigrees. Am J Hum Genet 62:1198-1211

Amos CI (1994) Robust variance-components approach for assessing
genetic linkage in pedigrees. Am J Hum Genet 54:535-543
Amos CI, Dawson DV, Elston RC (1990) The probabilistic determi-
nation of identity-by-descent sharing for pairs of relatives from
pedigrees. Am J] Hum Genet 47:842-853

Fulker DW, Cardon LR (1994) A sib-pair approach to interval
mapping of quantitative trait loci. Am J Hum Genet 54:
1092-1103

Gessler DDG, Xu S (2000) Multipoint genetic mapping of quanti-
tative trait loci with dominant markers in outbred populations.
Genetica 105:281-291

Goldgar DE (1990) Multipoint analysis of human quantitative genetic
variation. Am J Hum Genet 47:957-967

Hastings WK (1970) Monte Carlo sampling methods using Markov
chains and their applications. Biometrika 57:97-109

Heath SC (1997) Markov chain Monte Carlo segregation and linkage
analysis of oligogenic models. Am J Hum Genet 61:748-760

Kadane JB, Lazar NA (2004) Methods and criteria for model
selection. J Am Statist Assoc 99:279-290

Metropolis N, Rosenbluth AW, Rosenbluth MN et al (1953)
Equations of state calculations by fast computing machines.
J Chem Phys 21:1087-1091

Meuwissen THE, Hayes BJ, Goddard ME (2001) Prediction of total
genetic value using genome-wide dense marker maps. Genetics
157:1819-1829

Sobel E, Sengul H, Weeks DE (2001) Multipoint estimation of
identity-by-descent probabilities at arbitrary positions among
marker loci on general pedigrees. Hum Hered 52:121-131

Thompson EA, Shaw RG (1990) Pedigree analysis for quantitative
traits: variance components without matrix inversion. Biometrics
46:399-413

Uimari P, Hoeschele I (1997) Mapping linked quantitative trait loci
using Bayesian analysis and Markov chain Monte Carlo
algorithms. Genetics 146:735-743

Wada Y, Kashiwagi N (1990) Selecting statistical models with
information statistics. J Dairy Sci 73:3573-3582

Wang H, Zhang YM, Li X et al (2005) Bayesian shrinkage estimation
of quantitative trait loci parameters. Genetics 170:465-480

Xu S (2007) An empirical Bayes method for estimating epistatic
effects of quantitative trait loci. Biometrics 63:513-521

Xu S, Atchley WR (1995) A random model approach to interval
mapping of quantitative trait loci. Genetics 141:1189-1197

Yi N, Xu S (2000) Bayesian mapping of quantitative trait loci under
the identity-by-descent-based variance component model.
Genetics 156:411-422

@ Springer



	Genome-wide evaluation for quantitative trait loci under the variance component model
	Abstract
	Introduction
	Methods
	Linear model and likelihood
	Maximum likelihood estimation
	Estimation of QTL positions
	Bayesian estimation of parameters

	Results
	Setup of simulation experiments
	Results of data analysis
	Standard setup


	Discussion
	Supplementary materials
	Acknowledgments
	References



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (ISO Coated v2 300% \050ECI\051)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Perceptual
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 149
  /ColorImageMinResolutionPolicy /Warning
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 149
  /GrayImageMinResolutionPolicy /Warning
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 599
  /MonoImageMinResolutionPolicy /Warning
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
    /DEU <>
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [595.276 841.890]
>> setpagedevice


