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Abstract. This paper proposes a fuzzy beam search rule induction algorithm for
the classification task. The use of fuzzy logic and fuzzy sets not only provides
us with a powerful, flexible approach to cope with uncertainty, but also allows
us to express the discovered rules in a representation more intuitive and
comprehensible for the user, by using linguistic terms (such as low, medium,
high) rather than continuous, numeric values in rule conditions. The proposed
algorithm is evaluated in two public domain data sets.

1  Introduction

This paper addresses the classification task. In this task the goal is to discover a
relationship between a goal attribute, whose value is to be predicted, and a set of
predicting attributes. The system discovers this relationship by using known-class
examples, and the discovered relationship is then used to predict the goal-attribute
value (or the class) of unknown-class examples.

There are numerous rule induction algorithms for the classification task. However,
the vast majority of them work within the framework of classic logic. In contrast, this
paper proposes a fuzzy rule induction algorithm for the classification task. The
motivation for this work is twofold. First, fuzzy logic is a powerful, flexible method
to cope with uncertainty. Second, fuzzy rules are a natural way to express rules
involving continuous attributes. Actually, rule induction algorithms implicitly
perform a kind ‘hard’ (rather than soft) discretization when they cope with continuous
attributes. For instance, within the framework of classic logic a rule induction
algorithm discovers rules containing conditions such as ‘age < 25’, which has the
obvious disadvantage of not coping well with the borderline ages of 24 and 25. In
contrast, a fuzzy rule can contain a condition such as ‘age = young’, where young is a
fuzzy attribute describing persons around 25 years old. This concept is more natural
and more comprehensible for the user.

In principle any rule induction method can be ‘fuzzyfied’. Indeed, some fuzzy
decision tree algorithms have been proposed in the past [3], [2]. In this paper we have
chosen, as the underlying data mining algorithm to be fuzzyfied, a variant of the
beam-search rule induction algorithm described in [8]. Our motivation for this choice
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is as follows. Despite their popularity, most decision tree algorithms perform a kind of
hill-climbing search for rules, by exploring just one alternative at a time, which makes
them very sensitive to the problem of local maxima. Beam search algorithms have the
advantage of being less sensitive to this problem, since they explore w alternatives at
a time, where w is the beam width [13]. To the best of our knowledge, this paper is
the first work to propose a fuzzy beam search-based rule induction algorithm.

2  Beam Search-Based Rule Induction

The basic idea of a beam search-based rule induction algorithm [8] is described in
Figure 1. The algorithm receives two arguments as input, namely max_depth (the
maximum depth of the search tree) and w, the beam width (the number of rules or tree
paths being explored by the algorithm at a given time). Both parameters are small
integer numbers. In Figure 1, Ri denotes the i-th rule, i=1,…,w, Aj denotes the j-th
predicting attribute, vjk denotes the k-th value of the j-th predicting attribute, and Rijk

denotes the new rule creating by adding condition Aj = vjk to the rule Ri.
This is a top-down algorithm, which starts with an ‘empty rule’ with no condition,

and iteratively adds one condition at a time to all the current rules, so specializing the
rules. Each condition added to a rule is of the form ‘Attribute = Value’, where Value
is a value belonging to the domain of the attribute. (The operator could be ‘>’ or ‘<’
in the case of continuous attributes. However, for simplicity we consider here only the
‘=’ operator, which is the only one necessary for our proposed fuzzy version of the
algorithm.) In each iteration the algorithm tries to add all possible conditions to each
rule (as long as the corresponding attribute does not occur yet in the rule), evaluates
the just-created rules according to a rule-quality measure, and chooses the best w
rules to proceed the search. This process is repeated until either no just-created rule is
better than any rule of the previous iteration or the maximum depth has been reached.

Note that the algorithm expands a tree search where the root node is a rule with no
conditions, each path from the root until a current leaf node corresponds to a current
rule, and the depth of the path corresponds to the number of conditions in the rule.
Therefore, the parameter max_depth effectively specifies the maximum number of
conditions in a rule.

To compute the quality of a rule we used a variant of the well-known confidence
factor (CF) measure. Let A => C denote a rule, where A is the rule antecedent (a
conjunction of conditions) and C is the rule consequent (the valued predicted for the
goal attribute). The CF measure is simply |A & C| / |A|, where |x| denotes the
cardinality of set x. In other words, CF is the ratio of the number of examples that
both satisfy the conditions in the rule antecedent and have the goal-attribute value
predicted by the rule consequent over the number of examples satisfying the
conditions in the rule antecedent. We borrowed from [10] the idea of using a variant
of this measure defined as: (|A & C| - ½) / |A|. The motivation for subtracting ½ from
the numerator is to favor the discovery of more general rules, by avoiding the
overfitting of the rules to the data. For instance, consider two rules R1 and R2, where
R1 has |A & C| = |A| = 1 and R2 has |A & C| = |A| = 100. Without the ½ correction,
both rules have a CF = 100%. However, rule R1 is probably overfitting the data, and
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rule R2 is more likely to be accurate on unseen data. With the ½ correction we achieve
the more realistic CF measures of 50% and 99.5% for rules R1 and R2, respectively.

Fig. 1. Overview of a Beam Search-based Rule Induction Algorithm

Finally, note that the algorithm of Figure 1 is searching for conditions to add to
the rule antecedent only. It does not specify how to form the rule consequent. This
part of the rule contains the value (class) predicted for the goal attribute. The choice
of the class predicted by a rule can be made in several ways. One approach would be
to let the algorithm automatically choose the best class to form the rule consequent,
by picking the class to which the majority of the examples satisfying the rule
antecedent belong. Another approach would be to run the algorithm k times for a k-
class problem, where in each run the algorithm searches only for rules predicting the
k-th class. Yet another approach, assuming a two-class problem, is to run the
algorithm to discover only rules predicting one class. In this case, if an example
satisfies any of the discovered rules it is assigned the corresponding class; otherwise it
is assigned the other class (the ‘default’ class).

We have opted for this latter approach. In our work the algorithm searches only
for rules predicting the minority class (i.e. the class with smaller relative frequency in
the data being mined), whereas the majority class is the default class. We have chosen
this approach for two reasons. First, its simplicity. Second, focusing on the discovery
of rules predicting the minority class has the advantage that these rules tend to be
more interesting to the user than rules predicting the majority class [5]. For instance,
rules predicting a rare disease tend to be more interesting than rules predicting that the
patient does not have that disease. (Of course, one of the reasons why minority-class
rules tend to be more interesting is that it is more difficult to discover them, in
comparison with majority class rules.)

Input: max_depth, w;
depth := 0;
RuleSet = a single rule with no conditions;
REPEAT
   FOR EACH rule Ri in  RuleSet
      FOR EACH attribute Aj not used yet in rule Ri

         Specialize Ri by adding a condition Aj = vjk to the rule,
         and call the new rule Rijk;

Compute a rule-quality measure for Rijk;
      END FOR
END FOR

    RuleSet = the best w rules among all current rules;
    depth := depth + 1;
UNTIL (no rule created in this iteration is better than
any rule of previous iteration) OR (depth = max_depth)
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3  Fuzzyfying a Beam Search-Based Rule Induction Algorithm

In this section we describe how we have fuzzyfied the algorithm described in the
previous section. First of all, as a pre-processing step, for each continuous attribute in
the data being mined we must associate: (1) a set of fuzzy linguistic terms (such as
high, medium, low), which are essentially labels for fuzzy sets; and (2) a fuzzy
membership function, which specifies the degree to which each attribute’s original
value belongs to the attribute’s linguistic terms. Loosely speaking, this can be
regarded as a kind of ‘discretization’, since the originally-continuous attribute can
now take on just a few linguistic terms as its value. However, this is a very flexible
discretization, since each of the now ‘discrete’ values of the attribute is actually a
flexible linguistic term corresponding to a fuzzy set. The continuous attributes were
fuzzyfied by using trapezoidal membership functions [1], since this kind of function
often leads to a data modeling closer to reality. Note that it is necessary to fuzzyfy
only continuous attributes, and not categorical ones.

In addition to the above-described fuzzyfication of continuous attributes, we also
need to fuzzyfy the computation of the rule-quality measure. In our case this
corresponds to fuzzyfying the formula (|A & C| - ½) / |A|, defined in the previous
section. In our first attempt to define a fuzzy version of |A|, this term was the
summation, over all training examples, of the degree to which the example satisfies
the rule antecedent. For each example, this degree is computed by a fuzzy AND of the
degree to which the example satisfies each condition. We have used the conventional
definition of the fuzzy AND as the minimum operator. For instance, suppose a rule
antecedent contains the following three conditions ‘age = young and salary = low and
sex = male’, where age and salary are fuzzyfied (originally continuous) attributes and
sex is a categorical attribute. Suppose that a given training example satisfies the
condition ‘age = young’ to a degree of 0.8, the condition ‘salary = low’ to a degree of
0.6 and the condition ‘sex = male’ to a degree of 1. In this case the example satisfies
the rule antecedent to a degree of 0.6 (minimum value among 0.8, 0.6 and 1). Note
that if the example had ‘sex = female’ it would satisfy the above rule antecedent to a
degree of 0. (Conditions involving categorical attributes are satisfied to a degree of
either 0 or 1.)

However, the above fuzzyfication of |A|, although theoretically sound, has a
disadvantage. In practice, many training examples can satisfy a rule antecedent to a
small degree, and the summation of all these small degrees of membership can
undermine the reliability of the CF measure. To avoid this, our summation of the
degree to which an example satisfies the rule antecedent includes only the examples
with a degree of membership greater than or equal to a predefined threshold (set to
0.5 in our experiments), rather than all training examples. This operation is based on
the alpha-cut technique used in fuzzy arithmetic [9].

In our fuzzy version, |A & C| is the summation, over all examples that have the
class predicted by the rule, of the degree to which the example satisfies the rule
antecedent. Analogously to the computation of |A|, this summation considers only
examples which satisfy the rule antecedent to a degree greater than or equal to the
above-mentioned membership threshold.
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4  Computational Results

The above described fuzzy rule induction algorithm was evaluated on two public
domain data sets, available from http://www.ics.uci.edu/~mlearn/MLRepository.html.
The first data set used in our experiments was the Pima Indians Diabetes Database
[11], which contains 9 continuous attributes and 768 examples. The second data set
was the Boston Housing Data [7], which contains 13 continuous attributes and 1
binary attribute. The latter was removed from the data set for the purposes of our
experiments, since only continuous attributes are fuzzyfied by our algorithm. This
data set contains 506 examples. The goal attribute for this data set (median value of
owner-occupied homes in $1000’s) was originally continuous. To adapt this data set
to the classification task, the goal attribute was discretized, so that it can take on only
two classes (cheap and expensive).

Each data set was divided into 5 partitions, and a cross-validation procedure [6]
was then performed. For each data set, this corresponds to run the algorithm 5 times,
where in each time a different partition is used as the test set and all the remaining
four partitions are used as the training set.

In all our experiments the maximum depth of the tree search was set to 2 and the
beam width w was set to 10. Almost all continuous attribute were fuzzyfied into 3
linguistic values, each represented by a trapezoidal membership function. The only
exceptions were the attributes Rad and Tax of the housing data set, which were
fuzzyfied into two linguistic values.

The results of our experiments are reported in Table 1. Each cell of the table refers
to the average results over the 5 runs of the algorithm associated with the cross-
validation procedure. The first row indicates the baseline accuracy of each data set,
that is the relative frequency of the majority class. A basic requirement for the
predictive accuracy of a classifier is that it be greater than the baseline accuracy, since
it would be trivial to achieve such accuracy by always predicting the majority class.

The second row indicates the overall predictive accuracy achieved by our fuzzy
algorithm. This was computed as the ratio of the number of correctly classified test
examples over the total number of test examples. Note that for both data sets the
algorithm achieved an accuracy rate significantly better than the baseline accuracy.

Note that the above overall accuracy rate only takes into account whether the
classification of an example was correct or wrong, regardless of which kind of rule (a
discovered rule or the default-class rule) was used to classify the example. To analyze
in more detail the quality of the discovered rules, we also measured separately the
accuracy rate of the discovered rules and the accuracy rate of the default-class rule.
Recall that all discovered rules predict the same class, namely the minority class,
whereas the default-class rule, which is applied whenever the test example does not
satisfy any discovered rule, simply predicts the majority class. Recall also that an
example is considered to satisfy a discovered rule only if the rule antecedent belongs
to the alpha-cut membership function describing the linguistic terms (with alpha = 0.5
in our experiments), as explained in section 3.

The third row of Table 1 indicates the accuracy rate of the discovered rules,
computed as the ratio of the number of examples correctly classified by the
discovered rules over the number of examples satisfying any of the discovered rules.
(Since all discovered rules predict the same class, it is irrelevant which rule is actually
classifying the example.)
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The fourth row indicates the accuracy rate of the default-class rule, computed as
the ratio of the number of examples correctly classified by this rule over the number
of examples classified by this rule (i.e. the number of examples that do not satisfy any
of the discovered rules).

As can be seen in the table, in both data sets the default rule has a predictive
accuracy significantly better than the discovered rules. This was somewhat expected,
given the difficulty of predicting the minority class in both data sets. Actually, if we
were to compute the ‘baseline accuracy of the minority class’, we would find the
values 0.349    (1 – 0.651) and 0.245 (1 – 0.755) for the Diabetes and Housing data
sets, respectively. From this point of view, the discovered rules can still be considered
as good-quality ones with respect to predictive accuracy, since their accuracy is 0.711
and 0.838 for the Diabetes and Housing data sets, respectively.

Table 1. Computational Results

Diabetes data set Housing data set
Baseline accuracy 0.651 0.755

Overall accuracy 0.711 0.838
Accuracy of discovered rules 0.641 0.725
Accuracy of default rule 0.730 0.863

Another issue to be considered is the comprehensibility of the discovered rules.
Although this is a subjective criterion, it is common in the literature to evaluate
comprehensibility in terms of the syntactical simplicity of the discovered rules. In this
case, the smaller the number of rules and the smaller the number of conditions per
rule, the more comprehensible the discovered rule set is.

With this definition of comprehensibility we can say that the rules discovered by
our algorithm are comprehensible, almost by definition of the algorithm and a suitable
choice of its parameters. Firstly, the algorithm discovers only a small set of rules,
whose number is the user-specified beam width. Secondly, the algorithm discovers
only relatively short rules, where the number of conditions of the discovered rules is
at most the user-specified maximum depth of the search tree. In addition, and more
important, the use of linguistic terms associated with our fuzzy algorithm can be
considered as a form of improving rule comprehensibility, in comparison with
continuous, numeric values, as argued in the introduction.

It should be noted, however, that high accuracy and comprehensibility do not
necessarily imply interestingness. To consider a classical example, in a hospital
database we can easily mine a rule such as ‘if (patient is pregnant) then (patient sex is
female)’. Although this rule is highly accurate and comprehensible, it is obviously
uninteresting, since it states the obvious.

Our algorithm discovers only rules predicting the minority class, which, as argued
in section 3, tend to be more interesting rules for the user. However, a more detailed
analysis of the degree of interestingness of the discovered rules is beyond the scope of
this paper. Although the literature proposes several methods to evaluate the degree of
interestingness of the discovered rules – see e.g. [4], [12] – it does not seem trivial to
adapt these methods to the context of fuzzy rules.
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5 Conclusion

We have proposed a fuzzy version of a beam search-based rule induction algorithm.
We have also evaluated the algorithm on two data sets. Overall, the results are good,
not only with respect to predictive accuracy, but also (and more importantly, in data
mining) with respect to the comprehensibility of the discovered rules, which is
intuitively improved by the use of linguistic terms associated with fuzzy rules.

However, the computational results reported in this paper are still somewhat
preliminary, since the algorithm has been applied to only two data sets. Future
research will include a more extensive evaluation of the algorithm on other data sets.

A disadvantage of our fuzzy approach is that it requires a preprocessing phase to
specify the fuzzy membership for each continuous attribute. To solve this problem
two approaches can be used: (1) this specification is done with the help of the user (an
expert in the meaning of the data), which requires valuable human time; (2) a fuzzy
clustering algorithm can be used to get the membership function [9].

Hopefully, in the future fuzzy databases will be more commonplace, so that the
fuzzy values and fuzzy membership functions that our algorithm requires might be
already available in the underlying fuzzy database, so avoiding the need for the above
preprocessing phase.

References

1. Bojadziev, G., Bojadziev, M.: Fuzzy sets, Fuzzy logic, Applications. World Scientific (1995)
2. Chi, Z., Yan, H.: ID3-derived fuzzy rules and optimized defuzzification for handwritten

numeral recognition. IEEE Trans. On Fuzzy Systems¸4(1),  Feb. (1996) 24-31
3. Cios, K.J., Sztandera, L.M.: Continuous ID3 algorithm with fuzzy entropy measures. Proc.

IEEE Int. Conf. Fuzzy Systems,. San Diego (1992) 469-476
4. Freitas, A.A.: On objective measures of rule surprisingness. Principles of Data Mining and

Knowledge Discovery (Proc. 2nd European Symp., PKDD-98). Lecture Notes in Artificial
Intelligence 1510. Springer-Verlag (1998) 1-9

5. Freitas, A.A.: On rule interestingness measures. To appear in Knowledge-Based Systems
journal (1999)

6. Hand, D.: Construction and Assessment of Classification Rules. John Wiley & Sons (1997)
7. Harrison, D., Rubinfeld, D.L.: UCI Repository of machine learning databases.

[http://www.ics.uci.edu/~mlearn/MLRepository.html]. Irvine, CA: University of California,
Dept. of Information and Computer  Science (1993)

8. Holsheimer, M., Kersten, M., Siebes, A.: Data surveyor: searching the nuggets in parallel. In:
U.M. Fayyad et al. (Eds.) Advances in Knowledge Discovery and Data Mining. AAAI Press
(1996) 447-467

9. Predrycz, W., Gomide, F.: An Introduction to Fuzzy Sets Analysis and Design. MIT (1998)
10. Quinlan, J.R.:  Generating production rules from decision trees. Proc. Int. Joint Conf. AI

(IJCAI-87) (1987) 304-307
11. Sigillito, V.: UCI Repository of machine learning databases.

[http://www.ics.uci.edu/~mlearn/MLRepository.html]. Irvine, CA: Univ. of California,
Dept. of Information and Computer Science (1990)

12. Suzuki, E., Kodratoff, Y.: Discovery of surprising exception rules based on intensity of
implication. Principles of Data Mining and Knowledge Discovery (Proc. 2nd European
Symp., PKDD-98). Lecture Notes in Artif. Intelligence 1510. Springer-Verlag (1998) 10-18

13. Winston, P.H.: Artificial Intelligence. 3rd Ed. Addison-Wesley (1992)



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (None)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (ISO Coated v2 300% \050ECI\051)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Perceptual
  /DetectBlends true
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /SyntheticBoldness 1.00
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 524288
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveEPSInfo true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputCondition ()
  /PDFXRegistryName (http://www.color.org?)
  /PDFXTrapped /False

  /Description <<
    /ENU <>
    /DEU <>
  >>
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [5952.756 8418.897]
>> setpagedevice




