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The proof of Corollary 13 of the original article is incorrect. It can be adjusted as follows.
In the statement of Lemma 10 of the original article, the word “diagonal” must be deleted,

so as to make the statements of Lemmas 10 and 6 equal. This same Lemma 10 or 6 can be
generalized as follows.

Lemma 1 Let g be an integral quadratic form of rank n ≥ 1, and let p be a prime number
such that p � det g. Then, there exist an integral n × n matrix T such that T t gT = pE,

where E is integral, and det T is p
n+1
2 if n is odd and p

n+2
2 if n is even.

Proof The case n = 2m − 1 ≥ 1 is Lemma 10 of the original article. We only need to prove
the case n = 2m ≥ 2. The result is trivial if m = 1 by taking T = 〈p, p〉. The remaining of
the proof is exactly parallel to the proof of Lemma 10. ��

Using Lemma 1 we can adjust the proof of Corollary 13 of the original article as follows

Corollary 1 Let g be an integral quadratic form of rank n = 2m + 1 and p a prime number
such that p2 divides� = det g. Then there is an integral n×n matrix T and a rank n integral
quadratic form E such that det T = pmk and

T t gT = pk E,

where k is 1 or 2.

The online version of the original article can be found under doi:10.1007/s13398-014-0176-4.
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Proof Assume that g has themaximal number c of rows (and columns) divisible by p inside its
integral class (say, the first c rows and columns of g). If c = 1 then, by Lemma 4 in the original
article, the first row and column of g is superdivisible by p. Then T = 〈1, p, p, . . . , p〉 has
det T = p2m and

T t f T = p2E,

where E is integral, which completes the proof in case c = 1. If c = n the result is trivial.
We next assume 1 < c < n. Let h be the (n − c)-form obtained by deleting the first c rows
and columns of g. Then p � det h. Otherwise, by Lemma 4 again, there would be an integral
(n − c) × (n − c) matrix S with det S = ±1 such that SthS has a row divisible by p. Then,
denoting the rank c identity matrix by Ic, the form

(Ic ⊕ S)t g(Ic ⊕ S) =
(
pA pC
pCt St hS

)
,

is integrally equivalent to g and has more than c rows divisible by p, which is impossible.
By Lemma 1 applied to the rank (n − c) form h, where c = 2e or c = 2e+ 1, e ≥ 1, there is
an integral (n − c) × (n − c) matrix R such that det R = pm−e+1 and RthR = pE1, where
E1 is integral. Set T = Ic ⊕ R. Then det T = pm−e+1, m ≥ m − e + 1, and

T t gT = pE,

where E is integral. This completes the proof of Corollary 13. ��
The fact that all integral, ternary quadratic zero-forms are commensurable to each other

(Theorem 11 in the original article) was essentially proved by Bianchi in [1].
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