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We proceed with the necessary modifications in the hypotheses of the auxiliary result
Proposition 3.5 of the originally published article.

Theorem 1.1 Let Hy (k = 1,2, 3) be Hilbert spaces and let P : Hy — H> and
V : Hy — 'H3 be partial isometries with initial spaces N1 and N and final spaces
M1 and M>, respectively. Then V P is a partial isometry if and only if the projections
V*V and P P* commute. If V P is a partial isometry, then its initial and final spaces
are P*(Ny N My) and V(N N M), respectively.

Theorem 1.1 corrects Proposition 3.5 of the original article. In the original article
the mentioned proposition works as an auxiliary result for the proofs of some of the
main results of the paper. It is used there to compute the initial and final spaces of
the following partial isometries (see above Proposition 3.6 of the original article and
Corollary 3.9)

Ty = x@S*xpSuxa and (ST, (. k=1,...).

The online version of the original article can be found under doi:10.1007/s11785-010-0119-9.
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For the reader convenience, in the following result we explain how to justify the validity
of the hypothesis missing in Proposition 3.5 of the original article, for each use of the
later Proposition. To begin with, we introduce the following definition

Tjn = xeSjxpSuxe (j,n € Zy).
Forn =1,2,..., wenote that T, = T} ,.

Theorem 1.2 Let k and m be positive integers and let j and n be non-zero integers.
Then T, , and (Sg)anm are partial isometries on L2(Q).

Proof Define the following operator
Vi LX(D) > LX), Vj = xaSixp-

We known that a bounded operator P between Hilbert spaces is a partial isometry if
and only if P* P is a projection. Thus, that V; is a partial isometry follows from the
Dzhuraev’s formulas over the unit disk D, which are equivalent to Bp_; = V;.‘V i (see
also Proposition 3.3 of the original article). Moreover, T , coincides with the product
of the partial isometries V;V*, . Since Bp,; = V;V; and Bp, _, = VX, V_, and we
know that the projections Bp_ ; and Bp,_, commute (see [1, Lemma 3.1]) then from
Theorem 1.1 it follows that T'; ,, is a partial isometry. Finally we show that (S;*Z)k Tnn
is a partial isometry. Since T,, , is a partial isometry, then T, , T, , is a projection
whose image is contained in the final space of xq Sy, xp, which by Theorem 2.8 of
the original article we know that is a subspace of A%m(Q). Moreover, (Sg)k(Sgkz)k
is the projection onto the orthogonal space of Dy (€2). Since Dy (2) C A%(Q) (see
Corollary 3.4 of the original article) and Bg xBo,—m = 0 (see Corollary 2.6 of the
original article) then the final space of T, , is contained in the initial space of (Ss*z)k.
From Theorem 1.1 we then obtain that (Ss’fz)k T n 1s a partial isometry. O
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