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In the remark it is shown that it is possible to omit arithmetical conditions on 
the period-lattice of the potential in the SchrSdinger operator, which were as- 
sumed in the previous works of the second author. 

In [2, 3] it was proved that the number of lacunae in the potential is finite. It was 
assumed there that the period-lattice of the potential satisfies several arithmetical condi- 
tions. These conditions could be omitted with the help of additional consideration, see [4]. 
In this paper we want to note that the conditions on the period-lattice can be omitted using 
only the methods of the works [2, 3]. We set (see [3, Eq. (4.8)]) 

here ~' is the lattice inverse to the given two-dimensional lattice ~, ~ is the area of the 
fundamental domain of the lattice ~, J1(') is the Bessel function. 

We prove that for every lattice ~ the function O(R) for R § ~ has an estimate 

O(R) ~ OR (2) 

with some c = c~ > O. 

We have the following chain of inequalities (cl, cz, and c denote some positive con- 
stants, m0 is the nonzero vector of the lattice ~' with the minimal length) 

o(1) 

The first of the inequalities above is obvious; the second is obtained by substituting 
of the asymptotic formula for the Bessel function; finally, the last inequality follows from 

To prove this inequality it is sufficient to observe that both summands on its left- 
hand side are nonnegative and their zeros t' and t" are of the form 

. ~  I+~K r .~l~ +~4K Ir 
8 ' ~6 ' 

where k' and k" are arbitrary integers; therefore, for no k' and k" the zeros t' and t" coin- 
side. 

Estimate (I) is proved. 

The assertion that the number of the lacunae in the spectrum of the two-dimensional 
Schr~dinger operator --A + v(x) with an arbitrary bounded periodic potential v(x) is finite 
follows now from Theorem 3.1 and Lemmas 4.4 and 4.5 from [3]. 
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Indeed, to prove that the number of the lacunae in the spectrum is finite it suffices to 
show that the expression 

R + ~ ~ ) -  g - ( ~ )  (3) 

is positive for all % sufficiently large. Here llv[l = max Iv(x) I; n+(R) and n_(R) are, re- 
spectively, the largest and the smallest number of points of the lattice ~ = 2~F' (F' is the 
lattice inverse to the F-lattice of the periods of the potential), which can fall into a 
closed circle of radius R and arbitrary center. 

We substitute into (3) the asymptotic formula 

where r• are the remainder terms, for which the estimates 

 M(lb ' 

hold. Here e(R) is the value (I); M(R) is the estimate for the absolute value of the error 
in the expression for the number of points of the lattice in the circle with the shifted 
center. Using the well-known estimate of Vinogradov [I] 

and the estimate (2) obtained above for the function e(R), we have 

~dl~ r,,- 

with some c3 > O. 

If % is sufficiently large, the right-hand side of the last inequality is positive; 
therefore, the expression (3) is positive. 
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